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ON TAP TOAN 11.

) MOT SO BAI TAP ON THI HQOC KY I MON TOAN LOP 11
A. PHAN LUQNG GIAC: ,
Bai 1. Tim tap xac dinh ctia ham s0 sau:

1 X 7 T
Dy=—7+7——; 2)y =tan [—+—j ; 3)y =cot (4x +—j
23cox ++/3 2 3 6
Hy="IX . sy_cosV@-1 :  6y=sin——
sin2x+1 V22 +4
Bépsé:
2 Vs T kw
Dx#—+k2rm; 2D)x#=—+k2rm; x#EF——+—
24 4
4)X¢—%+kﬂ; 5)x <—-1hodcx>1; 6)—\/§§x3\/§

Bai 2. Tinh gia tri 16n nhat va nhé nhat ciia ham so6:

1)y=3sin[x+%]—l; 2)y =21-cos2x —5; 3)y=4—5c0s(x+%j
4)y =2—-+4-2cos5x; 5)y=;' 6)y =4—~/1+2sin* x

2Ja—sinx+1

Ty = 7—2‘cosx ; 8)y = 4sin” x + cos2x; 9)y =sinx —cos
10)y =sinx —+/3 cos x; 11)y=3sinx+4cosx+1
bap s0:

=03y, =1

1)ymax = 2';ymin = _4; 2')ymalx = 2\/5_ 5; ymin = _5; 3)y min

max

=~ - 3 3
4.)ymax:2_ 2;ymin:2_ 6’ 5)ymax: ;ymin:
2\/§+1 2\/g+1

6)ymax :3;ymin :4_\/5’ 7)ymax :7;ymin :5
8)Hudng dan: y =4sin® x +cos2x =2sin’ x+1. y

9y =2y =—2 ;10)y

max min

Bai 3. Tim gi4 tri 16n nhat va gi tri nho nhat ca:

max = ’ymin :1

max :2;ymin :_2; 11)ymax :6;ymin :_4

sinx+2cosx+1 sin x —cos x
a)y=—, b)y =—

,smx+cosx+2 3sinx—4cosx+7
Dap so:
a)—2<y<l1 b)—l< <l

=Y= 3_y_4

2 2

Bii 4. Cho x va y 1 hai s6 thoa man: % + y? = 1. Timg GTLN, GTNN (néu c6) cta biéu thic
P=x+2y+1
Pap so: 4<P<6

Bai 4°. Cho ham sb: y= m(2cosx—sinx)—sinx—2cosx

. ) sinx—2cosx—4
a) Tim m dé ham so trén ton tai GTLN va GTNN
104

b Timmdé max’v+min’y=——u
) Y Y 121
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Huéng dan:

_2m-Dr* =2(m+1)t+2m

- 2% +21-6

Quy déng, dua phuong trinh vé phuong trinh bic 2 theo t. Tim diéu kién

X
DPdtt=tan—,
’ ) y

dé m c6 nghiém, suy ra mién gi4 tri cia y = m d€ ham s6 c6 gid tri I16n nhat va nhé nhat
Bai 5. Tim GTLN va GTNN ( néu co)cta biéu thirc sau day:

A_3sin2x+5sinxc0sx—4coszx+l. _ 4sin® x—7sinxcosx+3cos’ x+5
2§in2x—3sinxcosx+50052x+4’ 5sin’ x —6sinxcosx +2cos’ x +8
DPap so:
87—-7776 <A<87+\/7776~ 16 —+/3170 <B<16+\/3170
207 207 94 7 %4
Bai 5. Tim GTLN va GTNN ( néu c6) cta cac bicu thirc sau:
S_3sin2x—5sinxcosx+7cos2x+m. P_30052x—4sinxcosx+SSin2x+m
3sin’ x+sinxcosx—cos’x 2sin® x +3sin x cos x — cos® x
a) Tim m dé MaxS >2 b) Tim m d€ MinP<3
Huong dan:

Chia cé tir vd miu cho cos %x, trg vé nhu bai toan 4
Bai 6: Giai phuong trinh luvong giac:

l)tan(%—x)zx/g; PS:x=—kn kel
cot?| Z-2x|-3=0; ps:x= KT T KT 4y
4 24 2 48 2
3)2cos® x—Scosx +2 = 0; DS:x=i§+k2n,keZ
4)8cos® x +6sinx—3=0; BS:xz—%—k27r,x=7?ﬁ+k27r,keZ
) T 137
5)sin x —+/3 cos =/2; PS: x=""+k2rx="""+k2z ke

6)sin’ x +3sin x cosx +2cos’ x = 0; DS x:—%+k7z,x:—arctan2+k7z, kelZ

7)3sin2x—x/gsinxcosx+2cos2x=0; DS x=k7z,x=%+k7z, keZ

Bai 7. Giai phuong trinh luong giac c6 dung mot sb phép bién ddi:
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1)sin® x —cos’x = cos4x; DS:x=%+k?ﬂ;x=%+k7z,keZ
2)cos3x—cosS5x =sin x; DS x—£+k—7r, _5_7z+k7r x=km kel
24 2 24 2
. 2 2 T 37
3)4sin” 2x—8cos” x+3=0; BS:x:E+k47r;x=7+k47r;x=k27r,keZ
T k2w
l+cosx+cos2x+cos3x=0 BDS:x=r+k2r; x—5+k7r x—§+T kelZ
5)cosx+cos2x+cos3x+cosdx =0, DSIX=7Z'+k27Z';X=§+k =%+I€2T7z keZ
6)sinx+cosx+1=sin2x; DS:x=7z+k27z;x=£+k7r,keZ
7)sin® x = cos’ 2x + cos’ 3x DS:x=£+k—ﬁ x=Lvkmx=Lrkn kel
4 2 2 6
sin2x T Y4
8) —— =-2Cc0s X DS:x=—+k2mx=—+k2n,k e Z
1+sinx 6 6
gyl=c0s2x _, pS:x="vik2n kel
sin x 2
10) ! + _1 = ! DS:x= +— +3_7z +—(+k27r)keZ
cosx sin2x simdx 777
ll)wzsinx BS:x=£+k7z,x=7r+kiz,keZ
1-cosx 2

jgyl=cos2x __sin2x PS :vé nghiém
2sin x 1+cos2x
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B. DPAI SO TO HQP VA XAC SUAT:
Bai 1. Mot hop dung 7 vién bi xanh; 5 bi d6 va 4 vién bi vang
a) Co6 bao nhiéu cach lay ra 7 vién bi da 3 mau, trong d6 c6 3 vién bi mau xanh va nhiéu nhat hai bi
do
b) C6 bao nhiéu cich lay ra 8 vién bi c6 du ba mau
Hudng din:
a) Xét hai truong hop:
e Thl:co1do
e Th2:C62do
b) Phuong phéap phan b
e BIl: Tinh cach léy 8 vién bi
e B2: Tinh cach ldy 8 vién bi khong du 3 mau
Pép sb: a)C..C..C +C2.C..C} =2800 b)Cyi —(495+165+9)=12201
Bai 2. C6 8 con tem va 5 bi thu. Chon ra 3 con tem dé dén vao 3 bi thu, mdi bi thu dén 1 tem. Hoi c6
bao nhiéu cachs dan?
Pap s6: 3!C,.C] =3360
Bai 3. Trén mot gid sach co 10 cuén sach giao khoa va 7 cuén sach tham khao
a) Co6 bao nhieu cach lay 6 cubn sach rong do6 co 2 cudn sach giao khoa?
b) Co6 bao nhi€u cach lay ra 7 cudn sach trong d6 c6 it nhdt 4 cudn sach gido khoa?
Piap s6: a)C’, .C? b)Ci C +C . C3 +CyCh+C CY
Bai 4. Lop 11A cia Tuén ¢6 11 hoc sinh nam va 18 hoc sinh nit
a) Co bao nhiéu cach chon mgt doi van ngh¢ gém 10 nguoi di ca nam 1an nit
b) Chon mot td truc nhat gém 13 nguoi, trong do c6 1 to trudng. Hoi ¢6 bao nhiéu cach chon néu
Tuan luén c6 mit trong té va chi 14 thanh vién
Pép sb: a)Cl0 - C!0 - C1? b)C,C):
Bai 5. Lop 12A cta Tién c6 11 hoc sinh nam va 18 hoc sinh nit.
a) Hay chon trong l6p Tién mét t6 truc nhat ¢ 11 nguoi, trong d6 c6 mot td truong va con lai la
céc thanh vién. Hoi c6 bao nhiéu cach chon néu Tién ludn c6 mat trong t6?
b) Hay chon trong 16p Tién mot doi van nghé c6 8 ngudi, trong d6 ¢6 mot doi truong, 1 thu ky va
céc thanh vién. Hoi c6 bao nhiéu cach chon néu Tién ludn c6 mat trong doi?
Huéng din va dép s0:
a) Xét 2 truong hop:
e Thl: Néu Tién la td truong
e Th2: Néu Tién 1a thanh vién
b) 56C;3
Bai 6. Mot t6 c6 8 hoc sinh gdm 5 nit va 3 nam. Hoi c6 bao nhiéu cach xép cac hoc sinh trong to dimng
thanh mot hang doc dé vao 16p nhu sau:
a) Cac ban nit dimg chung v6i nhau
b) Nam va nit khong ding chung nhau
DPap so: a) 514! b)2!5!13!
Bai 7. D6i van nghé clia truong gdm 10 hoc sinh trong d6 ¢6 3 ban Lan, Hang, Nga hoc cting mot 16p.
Hoi ¢6 bao nhiéu cach xép doi van nghé thanh mot hang doc sao cho 3 ban Lan, Hang, Nga lu6n ¢ bén
cach nhau? PS: 8!3!
Bai 8. Cho hai ho duong thing cit nhau: Ho (L ;) gdm 10 duong thing song song véi nhau. Ho (L ,)
gomg 15 duong thang song song v4i nhau. Hoi co bao nhiéu hinh binh hanh duoc tao boi (L) va (Ly).
bS: C,C:
Bai 9. Gieo lan Iugt 3 quan stc sac. Tinh xac suit cua cac bién cb sau:
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a) A:“ Tong so cham xuat hi¢n trén hai mat con xtc sac <6”
b) B: “ Co6 ding mdt con xtc sdc xuét hién s chim 1¢
¢) C:*“ S6 cham xuat hién trén 2 quan xuc sic hon kém nhau 2”
Bai 10. Gieo mot dong xu va mot con suc sac.
a) Tinh xac suat cia mot bién cd A co mat sép va mot quan suc sdc xudt hién 12 mot sb chin
b) Tinh xac suat cia mot bién cd B ¢6 mit quan suc sdc xudt hién 12 mot sb nguyén tb
¢) Tinh xac suat cia mot bién cb C ¢6 mot quan ngira va mat quan stc sdc xudt hién 12 mot s 1&
d) Tinh xé4c sudtcia AUB,ANB,ANBNC
bap i

1 1 1
P(A)=—; P(B)=—; P(C)=—;
(A) 1 (B) 5 ©) 1
P(AuB)zg; P(AmB)zé; P(ANBNC)=0

Bai 11. M6t binh dung 5 vién bi xanh, 7 vién bi d6 va 4 vién bi xanh. Lay ngiu nhién 4 vién bi

a) Tinh xac su:?}t d§ dugc 1 vién bi xanh va 3 vién bi vang

b) Tinh xac suat d¢ dugc 3 mau

¢) Tinh x4c suat d¢ dugc 4 vién bi cung mau
bap s0:
PUAY=—;  P(B)=1: P(C)=——;

91’ 2’ 1820° )

Bai 12. Lop 11C ¢6 30 em }}QC sinh, trong d6 ¢6 5 em gidi, 17 em kha va 8 em trung binh. Chon ngau
nhién 3 em. Tinh x4c suat dé:

a) Co3em gidi;

b) Co6 it nhat mot em trung binh

¢) Khong c6 em trung binh

Pap so:

C: — C?
P(A)=_35:L; p(B)zl_p(B):ﬁ; P(C):%:E;
G, 460 203 ci 29

Bai 13. Mot cong ty Samung phat hanh 25 vé khuyén mai tong d6 c¢6 5 vé trang thuong. Mot dai ly
duoc phan phdi 3 vé. Tinh xac suat dé dai 1y do co:

a) Mot vé tring

b) It nhit mot vé tring
bap s0:

_CCy, 1 _ppy =S8

P(A) c ; P(B)=1-P(B) 115
Bai 14. 3 6ng va 3 ba ngdi trén mot diy 6 ghé.

a) Tinh xéc suat d€ 2 nguoi cung phai ng6i cung nhau

b) Tinh x4c suét d& 3 ba ngdi gan nhau

¢) Tinh xéc sudt & ho ngoi xen k& nhau
bap s0:

2.313! 4.31.3! 2.313!

P(A)—T, P(B)= o P(C)_T’
Bai 15. Mot hop dung 4 vién bi vang, 3 bi xanh, 2 bi trang va 1 bi d6, cac bi nay chie khac nhau vé mau
sac. LAy ngau nhién 3 bi cting mét lic. Tinh x4c suat d€ ¢6 3 vién bi khac nhau trong d6 phai ¢ bi yang
Hudng dan: Xét 3 truong hop: ( Vang, xanh , tring); (vang, xanh, do); (vang, tring, do)
Pap s6: P(A) = P(A)+P(A,)+P(A,)
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Bai 16. Hai hop chira cac qua cau. hop thur nhat chita 3 qua do va 2 qua xanh. Hop thir hai chira 4 qua
doe va 6 qua xanh. LAy ngau nhién tir hop mot qua. Tinh x4c suét sao cho :

a) Ca hai qua déu do

b) Hai qua cung mau

¢) Hai qua khac mau
Huéng din va dap so:

A: “ Qua ldy tir hop 1 mau d6”; B: “Qua 1ay tir hop 2 mau do”

a) P(ANnB)=P(A).P(B)=0,24

b) C:(AmB)u(ZmE)

c) P(C)=0,52
Bai 17. Hop 1 codimg 7 Vlen bi trong d6 c6 3 bi do va 4 bi xanh. Hop 2¢O dung 7 Vlen bi trong do co
2 bi do va 5 bi xanh. Lay ngau nhién tir hop ra 1 vién bi. Tim x4c sudt cua cac bién cd sau:

a) hai bi lay ra déu 1a mau do

b) hai bi lay ra cung mau

Hud'ng dan:
6
a) P(A)=P((A NA)=P(A).PA,)= e
26
b 5

Bai 18. Hai nguoi doc 1ap cung ban mdi ngudi mdi vién dan vao cling mot con chim. Xac suat bin
trang chim clia nguoi thir nhét, thir hai 1an luot 1a: 0,3; 0,5. Tinh xac suat ctia bién cb sau:

a) Ca hai nguoi déu ban trang

b) Co6 mét nguoi ban tring

¢) Co6 it nhat mot nglIUl ban tring
Huong din va dap s6:

a) P(A)=P((A NA,)=P(A).P(A,)=0,15
b) P(B)=0,5P(C)=1-P(C)=1-0,35=0,65

X
a) Hay tim sO hang khong chira x( doc 13p v6i x)

10
Bai 19. Trong khai trién nhi thiec: [2)(3 +%) ,x#0

b) Tim hé s ctia s6 hang chira x'°
¢) Tim sf} hang chira x° i
d) Tim s0 hang chinh gitra cta khai trién
Pap so:
a) 30-5k=0k=6
b) 30-5k=15< k=3. Hé so: 210.C130
¢) 30-5k=5< k=5.S0 hang chita x’ 1a: 2"°.C x°
d) S6 hang dung giira 13 T
Bai 20.
a) Tim hai s6 hang chinh giita cta khai trién (x3 - xy)15

b) Tim hé s6 cia x*y® trong khai trién

Huéng din: n=15. Do d6 c6 16 hang tir nén hai s6 hang chinh giira 1a T va To( turong g k=7 va k=8)

Tran Dinh Cu. Hoc vién cao hoc Toan K19 -DHSP Hué



www.VNMATH.com

ON TAP TOAN 11.

Bai 21. Tim hé sd x° trong khai trién nhi thire Niuton cta (1 + x)n ,neN’, biét téng cac hé sb trong

khai trién trén bang 1024.
Hudng dan: Tim dugc n=10, sau d6 trd vé bai todn quen thude

Bai 22.Biét téng tat ca cac hé sd cua khai trién nhi thirc (1 +x2 )n ,neN bﬁng 1024. Hay tim H¢ sb cua
s6 hang chita x'? trong khai trién d6

r A, 4
Dap so: C

3n
Bai 23. Tong cac hé so trong khai trién (x + iz) bang 64. Tim s6 hang khon g chira x trong khai trién
X

Pip s6: n=6,C?
Bai 24. Cho nhi thic P(x)=(3-2x)",n€ N". Sau khi khai trién tinh:

a) Tong tit ca cic h¢ s6 theo luy thira 1é
b) Tong tat ca cac hé so theo Iuy thira chan

(. 1-5" 1+5"

Pap so: a ;b

p ) 5 ) 5
Bai 25. Trong khai trién nhi thirc [x + l) , hé s6 cta s6 hang thtr 3 16n hon hé s cua sé hang thir 2 1a

X

35

a) Timn

b) Tim s6 hang khong chira x
DPap so:

a) n=10

b) C

Bai 26. Khai trién biéu thic (1 - Zx)n ta duoc da thuc c6 dang
a,+ax+a,x+..+ax". Bi€ta,+a +a,=71.hdy tim h¢ o x° trong khai trién
Piap s6: n = 7,-C2°.

Bai 27. Tim neN sao cho: C’ +2C! +2°C> +...+2"C" =243

bap s0: n=5

Bai28. Tim neN saocho: C, +C, +C. +..+C) =256

Pap so: n=4 )

Bai 29. Gidi cac phuong trinh, bat phuong trinh sau:

a)P A’ +72=6(A2+2P,) b)A2.C = 48

A’ +5A7 <21x dI4PC <A}
Chu y: Trudc khi giai pt, bpt phai tim diéu kién trude.
Bai 30. Giai h¢ phuong trinh:

C,:CC=6:5:2
Pap s6:x=8;y=3
2A7+5CT =90

Bai 31. Giai hé phuong trinh:
5A’+2C) =80
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Piap s0: x=5;y=2

502 =3¢
Bai 32.Gidi hé phuong trinh: { .

C}’ — Cy—l
Bai 32. Biét hé s ctia x trong khai trién cia (1+3x)" 1a 90. Hay tim n.
Bai 33. Chung minh:
aC!" 4 €} v2c) =CL
b)CE +3CH" +3C 7 +CF 7 =CF  v6i3<k<n

3
Hudng dén: Sir dung cong thire: C* +C*' = C*!

Bai 33. Tim n cta khai trién [%-}-%j biét s6 hang thir 9 c6 hé s6 16n nhat.

Pap s6: n=12
Bai 34. Cho khai trién (1 + 2x)30 . Tim hé s6 10n nhat trong cac hé s6 ctia cac s6 hang trong khai trién
trén.

Pap s6: (a, ) =C.2%

30

max

xeoas® . LR n , \ . 4a A ~
Bai 35 . Cho khai trién (1+2x) =a, +a1x+...+anx”, trong d6 ne N va cac hé s0 aya,50,5...5a, thod

n

a a A A1z A . A

man: q, +3‘+...+2—:’1 =4096 . Tim hé s0 16n nhat trong cic s0 a;a,3a,;...;a
Pap s6: a, =2°C?)

, , o 15
Bai 36*.Tim hé s6 cua s6 hang chira x°y°z* trong khai trién (2X -5y+ Z)

, A, 115 Allgs

bapso: -CC; .25

7 7 ) 10
Bai 37%. Tim hé s6 ciia s6 hang chia X* trong khai trién (1+2x+3x)
Bai 38. Tinh gi4 tri biéu thic
S=C’ +C] +C},+C; +C}}+C||
Pap 56 : S=21°

20 10

" 1 1 . . 5

Bai39.Cho A= [X - —2] + (Xs - —j .Sau khi khai trién va rat gon thi biéu thuc A s€ gom bao
X X

nhiéu s6 hang.
Pap s0 : 29 s hang
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PHAN D : DAY SO- CAP SO CONG VA CAP SO NHAN
Phan I : Phwong phap quy nap toan hoc :
Bai 1. Chung minh rang voi moi n € N*, ta co:

a)1+2+ .. +n="tD b) 12422 4. 42 = HFDCRHD
2 6
(n+) ]
o) P42+ 44 =[%} d) 1.4+2.7+...+nBn+1) =n(n+1)>
&) 12423+ +n(n+1)= 1 D+2) pLp Ly 1 _n
3 12 23 n(n+1) n+l
Bai 2. Ching minh rang v6i moi n e N*, ta cé:
a) 2" >2n+1 (n>3) b) 2% >2n+5
c) 1+i+...+i<2—l (n>2) d) l.é...zn_l < !
2? n’ n 247 2n \2n+1
e) 1+L+...+L<2\/; f) ! + ! +...+i>£ (n>1
J2 n n+l n+2 2n " 24
Bai 3. Ching minh rang v6i moi n € N*, ta c6:
a) n> +11n chia hét cho 6. b) n® +3n% +5n chia hét cho 3.
¢) 7.22"72 +32"71 chia hét cho 5. d) n® +2n chia hét cho 3.
e) 32" 122 chia hét cho 7. f) 13" —1 chia hét cho 6.

Bai 4. Hay Vié‘t 5 s6 hang dau cua day sb (u n), du doan cong thic s6 hang tong quat u, va ching minh
cong thirc d6 bang qui nap:

a)u=1u,_  =2u +3 b) u1=3,un+1=m o) u =3, u,,=2u,

d) uy=-1u,  =2u, +1 e u=lu_  =u+7 e) ulzi,uwlzu”Tﬂ
Bai 5. Xét tinh tang, gidm ciia cc ddy s (u,) cho boi:

a) u, = ;Zj; b) u, = :;; ¢) u, = (’:);’

d) u :n2+n+1 e) un:n+cos2n f)un:2—n

" n2+1 \/;

Bai 6. Xét tinh bi chin trén, bi chin dudi, bi chin cua cac day s6 (uy) cho boi:

2n+3 1 2
a)u_ = b) u = Qu =n-+4
) hy n+2 )ty n(n+1) ) hy
2
n-+2n n 4
du =— Q) U =—/———— ) u, =(-1"cos—
"ontan+l ! N2 +2n+n ! 2n
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C.HINHHOC:

PHAN 1: PHEP BIEN HINH

Bai 1. Cho diém M(1;2); A:x+2y—1=0,(C): x> +y* —6x+2y+6=0.
Xac dinh anh cuia M, A, (C)

. Lan luot qua phép bién hinh: 7. v =(1;1; B, ; B,.I(1;~1);:0 12:0).

1
(0 90" (1 2)?
2. Phép doi hinh béng cach thuc hién lién tiép phép dbi xung tdm O va phép dbi xtng truc Oy
3. Phép doi hinh bang cach thyc hién lién tiép phép doi xtmg truc Oy va phép tinh tién u = (-2;—1)
4. Phép ddng dang bang cach thuc hién lién tiép phép vi tu tim I(-1;1), d s6 2 va phép quay tim O,
gbc quay 90°
Bai 2. Cho tam giac ABC . Tim anh cta tam gidc ABC
@) Tim anh cua tam gidc ABC qua phép doi xtmg tam G, biét G la trong tAm ctia tam giac ABC.
b) Tim anh cua tam giac ABC c6 duoc bang c4ch thue hién lién tiép phép vi tu tdm A ti s6 2 va
phép dbi ximg tam B,
¢) Timanh ciadiém B qua phép quay tim 4 gbc quay 90°.
d) Tim dnh cua duong thing BC qua phép quay tdim 4 goc quay 90°.
e) Tim anh cua tam gidc 4BC qua phép quay tim G goc quay 90°.
Bai 3. Cho hinh vuéng ABCD.
1. Tim anh ciia hinh vuéng ABCD qua phép doi hinh ¢6 dugc bang cach thyuc hién lién tiép phép
dbi ximg tim A4 va phép quay tam 4 goc quay 90°.
2. Phép quay Q c6 tAm quay O va goc quay ¢¥. VGi gid tri ndo cta r¥, phép quay Q bién hinh
vuong ABCD thanh chinh n6 ?
3. Goi Mj; M2;M3;M4;N;Np; N3Ny lan luot 1a trung diém AB;BC; CD; DA;0A;OB;OC;0OD. Tim
anh cta tam gidc AM;N; qua phép bién hinh sau:
a) Phép tinh tién theo véc to AM ;AN;AO
b) Phép dbi xtng truc qua: BD; AC; M |N;;M;0;M40
¢) Phép quay tam Ny, goc quay -90°; 90°;180°
d) Phép quay tam O, goc quay -90°; 90°;180"
e) Phép vi tu tim A, ti s6 2
f) Phép doi hinh bang cach thuc hién lién tiép phép dbi xtng tim O va phép dbi xtng truc BD
g) Phép doi hinh bang cach thyc hién lién tiép phép doi xu:ng truc AC va phep tinh tién AO
h) Phép dong dang bang cach thuc hién lién tiép phép ddi xtmg tAm A, ti s6 2 va phép quay tim O
gbc quay -90°
Bai 4. Cho hinh lyc giac d&u ABCDEF tim O

1. Tim tryc va tim ddi xtmg cua hinh
2. GoiM;; M2; M3,M4,M5,M6 jan luot 13 trung diém AB ;BC;CD; DE;EF;FA

a) Tim anh cua tam gidc AM F qua :Do; Prc; Qo:120 )
b) Tim anh cua tam giac AOF qua :Do; Drc; DgE; Qo; 120 »T—3V

FO’ " (0:-1)
¢) Tim anh ctia tam gidc AOF qua phép doi hinh bang céch thuc hién lién tiép phép dbi xtmg tim
O va phép quay tdm O goc quay -60°
Bai 5. Cho tam gidc déu ABC.
a) Tim tryc va tdm doi xing cua hinh
b) O la tim dudng tron ngoai tiép tam gidc d6. Vi gia tri nao sau day ctia goc ¢ thi phép quay
Q0. ¢ ) bién tam gidc ABC thanh chinh né ?
Bai 6. Cho tam giac ABC vudng tai 4, G la trong tam tam gidc. Tim anh cta tam giac ABC qua phép vi
tu:
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a) Tam G, ti s0 %

b) Tam G, ti s6 2
¢) Tam 4, tisd -2
d) Néu /4 =2AB thi phép vi tu tim / bién 4 thanh B theo ti s6 k bing bao nhiéu?
Bai 7. Cho hinh chit nhat ABCD. Goi E, F, H, I theo thur ty 1a trung diém céc canh AB,BC,CD,DA. Hay
tim phép doi hinh bién AAEJ thanh AFCA
Bai 8.
a) Cho hinh chit nhat ABCD. Goi O la tdim ctia né. Goi E, F, G, H, 1, J theo th{r tu 14 trung diém
cac canh AB,BC,CD,DA, AH, OG. Hay chirng minh hinh thang AIOE bang hinh thang GJEF.
b) Cho hinh chit nhat ABCD, AC cit BD tai I. Goi H,K,J 1a trung diém ctia AD,BC,KC. Chiing
minh hai hinh thang ILKI va IHDC dong dang
Bai 9. Cho hinh binh hanh ABCD c6 tdm O. Trén canh AB lay diém I sao cho JA+2IB=0.Goi G la
trong tAm ctia tam gidc ABD. Tim phép dong dang bién tam giac AGI thanh tam giac COD.
Bai 10. Cho AABC, V& bén ngoai tam giac cac hinh vuong ABMN, ACPQ
a) Ching minh: NC 1 BQ
b) Goi F la anh ciia B qua D4, E 13 trung diém BC. Tim phép vi tu bién E thanh F, A thanh C
¢) Goi Oy, O lan luot 1a tAm cta hinh vuong ABMN, ACPQ. Chiing minh AEO,0, vudng can tai
E

d) Chung minh AE | NQ,AE = %NQ

Bai 11. Cho tam giac ABC noi tlep (0) va M trén (O). Goi M' 14 diém doi xtung voi M qua A, M" doi
xtimg M' qua B, M"'d6i xung M" qua C.
a) Chirng minh phép bién hinh F bién M thanh M" 1a phép doi ximg tam.
b) Tim quy tich M"'?
Hu6ng din:
a) Chirng minh phép bién hinh bién M thanh M”>’1a phép ddi ximg tam.

+) Goi I 1a trung diém cia MM’ ta c¢6 Al 1a duong trung binh cia tam giac MM’M*”” = AT/ /M'M"

va AI:%M’M"' . (D).

+) Mat khac ta c6 H('1a duong trung binh cia tam gidc MMM’ = BC//M'M" va

BC=%M'M"‘,(2).

Tir (1) va (2) = t& gidc ABCI 1 hinh binh hanh. Vi A,B,C cddinh = Fcddinh = M’*’la anh cuia M
qua phép dbi ximg tam c6 tim doi xtng 1a diém L, (dpem).

b) Tim quy tich cia M””’.

Theo céu (a) ta c6 M>* 1a anh ctia M qua phép doi ximg tam co tam dbi xtng 1a diém 1, ma M chay trén
duong tron (0)=> M" chay trén anh clia (O) qua phép doi xtmg tim c6 tim dbi xtmg 1a diém 1. Do do6
quy tich cuia M”’ la duong tron (O’), voi (0”) la anh cua (O) qua phép ddi xtmg tam c6 tam d6i xing 1a
diém L.
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PHAN II: HINH HOQC KHONG GIAN
Bai 1. Cho S 1a mot diém ngoai mit phing tr gidc ABCD. Tim giao tuyén cia cic mit phing:
a) (SAB)va (SCD) b) (SAD) va (SBC) ¢) (SAC) va (SBD)
Bai 2. Cho hinh chép S.ABCD c¢ day 1a tir giac ABCD c¢6 hai canh ddi khong song song. Lay M thudc
mién trong ctia tam giac SCD. Tim giao tuyén ctia 2 mat phang:
a) (SBM) va (SCD) b) (ABM) va (SCD) ¢) (ABM) va (SAC)
Bai 3. Cho tir dién ABCD. Goi M,N va P lan luot 14 céc diém trén céc canh AC,CB,BD
a) Tim giao diém cua CP va mp(MND)
b) Tim giao diém cua AP va mp(MND)
Bai 4. Cho tir dién SANC. Goi M va N 1an luot 1 hai diém bat ky trong (SAB) va (ABC)
a) Tim giao diém ctia MN va mp(SBC)
b) Tim giao diém ctia MN va mp(S AC)
Bai 5. Cho tir gidc ABCD. M, N lan lugt 1a hai diém trrén AC va AD. O la mét diém bén trong ABCD.
Tim giao di€m cua:
a) MN va (ABO). b) AO va (BMN)
HD: a) Tim giao tuyen cua (ABO) va (ACD,).
b) Tim giao tuyén cua (BMN) va (ABO).
Bai 6. Cho hinh chop S.ABCD, day la hinh thang,acth day lén AB.Goi [, J, K 1a 3 diém 1an luot ndm
trén SA, AB, BC.
a) Tim giao diém ciia IK v&i (SBD).
b) Tim cac giao diém coa (IJK) véi SD va SC.
HD:

12
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a) Tim giao tuyén cua (SBD) voi (1JK).
¢) Tim giao tuyén cua (IJK) voi (SBD) va (SCD).
Bai 7. Cho hinh chép S.ABCD. Trong ASBC, lay mot diém M. Trong ASCD, ldy mot diém N.
a) Tim giao diém cua MN va (SAC).
b) Tim giao diém ctia SC v6i (AMN).
¢) Tim thiét dién cua hinh chép S.ABCD v6i mit phing (AMN).
HD: a) Tim (SMN)(SAC) b) Thiét dién la tir gidc.
Bai 8. Cho hai tam giac ABC va A’B’C’ khong cung nam trong mot mit phang. Gia st BC va B’C’ cit
nhau tai M,AC va A’C’ cit nhau tai N, AB va A’B’cét nhau tai P.Chung minh :M,N,P thang hang.
Bai 9. Cho tir dién SABC. Trén SA,SB, va SC 1an luot 1y cac diém D,E, va F sao cho DE cit AB tai I,
EF cat BC tai J, FD cat CA tai K.
Chimg minh ba diém I,J,K thang hang
Bai 10. Cho tt dién SABC ¢6 D, E lan luot 1a trung diém AC,BC va G la trong tam tam giac BC. Mat

phang ( ) qua AC cdt SE,SB lan luot tai M, N. Mot mit phang (f) quaBC cit SD va SA tai P va Q.
a) Goi I =AM N DN,J = BP ~ EQ.Chimg minh 8,L,J,K thang hang.
b) Giasit K = AN NDM,L=BQNEP..Chimg minh S,K,L thang hang.

Bai 11. Cho hinh chép S.ABCD. Goi I, J 14 hai diém c dinh trén SA va SC véi SI > 1A va
SJ < JC. Mot mit phang (P) quay quanh IJ cit SB tai M, SD tai N.

a) CMR: 1J, MN va SO dong qui (O =ACNBD). Suy ra cach dung diém N khi biét M.

b) AD cat BC tai E, IN cat MI tai F. CMR: S, E, F thang hang.

c) IN cat AD tai P, MJ cit BC tai Q. CMR PQ luén di qua 1 diém ¢ dinh khi (P) di dong.
Bai 12. Cho t dién SABC. Qua C dung mit phing (P) cit AB, SB tai By, B'. Qua B dung mat phing
(Q) cit AC, SC tai C,, C". BB/, CC’ cit nhau tai O’; BB, CC, cit nhau tai O;. Gia sit 0’0, kéo dai cit
SA tai L.

a) Chung minh: AO,, SO', BC dong qui.

b) Chimg minh: I, By, B’ va I, C;, C' thang hang.
Bai 13. Cho hinh chép S.ABCD. Trong ASBC, ldy mot diém M. Trong ASCD, lay mot diém N.

a) Tim giao diém ctia MN va (SAC).

b) Tim giao diém ciia SC v&i (AMN).

¢) Tim thiét dién ca hinh chép S.ABCD véi mit phang (AMN).
Bai 14. Cho hinh chop S.ABCD, c6 day la hinh binh hanh. Goi M la trung diém cua SB, G 1a trong tim
ASAD.

a) Tim giao diém I cuia GM voi (ABCD). Chung minh (CGM) chtra CD.

b) Chitng minh (CGM) di qua trung di€m cua SA. Tim thi€t dién cua hinh chop voi (CGM).

¢) Tim thiét dién cua hinh chép véi (AGM).

HD: b) Thiét dién la tir gidc c) Tim (AGM)(SAC). Thiét dién la tik gidc.
Bai 15. Cho hinh chop S.ABCD, M la mot diém trén canh BC, N 1a mét diém trén canh SD.

a) Tim giao diém I ciia BN va (SAC) va giao diém J cia MN va (SAC).

b) DM cit AC tai K. Chimg minh S, K, J thang hang.

¢) Xéc dinh thiét dién cua hinh chép S.ABCD véi mit phang (BCN).

HD: a) Goi O=AC NBD thi I=SONBN, J=AIMN

b)Jla dzem chung cua (SAC) va (SDM)
¢) Noi CI cat SA tai P. Thiét dién la tir gidc BCNP.

Bai 16. Cho hinh chop S.ABCD, c6 day la hinh thang ABCD v6i AB//CD va AB > CD. Goi I 1a trung
diém ctia SC. Mt phing (P) quay quanh Al cét cac canh SB, SD lan lugt tai M, N.

a) Chimg minh MN lu6n di qua mot dlem ¢6 dinh.

b) IM kéo dai cit BC tai P, IN kéo dai cat CD tai Q. Ching minh PQ luon di qua 1 diém c6 dinh.

¢) Tim tap hop giao diém cia IM va AN.
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HD:  a) Qua giao diém ciia Al va SO=(SAC) ~(SBD).
b) Diém A. ¢) Mét dogn thang.
Bai 17. Cho hinh chép S.ABCD c¢6 day ABCD 14 hinh binh hanh tim O. Hai diém M va N lan luot 1a
trung diém ctia SA.SC. Goi (P) la mat phéng qua M,N va B.
a) Tim giao tuyen ctia (P) voi cac mit phang: (SAB) va (SBC)
b) Tim giao dlem I ciia duong thang SO véi (P) va giao diém k cua SD vdi (P)
¢) Tim giao tuyen cua (P) voi cac mat phang (SAD), (SCD)
d) Xac dinh cic giao diém E, F cta cac duong thang AD,CD véi (P). Chung t 6 B,E, f thiang hang
Hudng din ciu d): Dya vao hinh vé

Ry

Bai 18. Cho tr dién ABCD. Goi I, J,K 1an luot 13 cic diém trén cac canh AB, AD sao cho :

AE = %EB; AF = %FD. Tim giao diém cua EF véi (BCD)

Bai 19. Cho tit dién ABCD. Goi LJ,K 1an luot 1a cic diém trén cac canh AB, BC va CD sao cho :

Al = lAB;AJ = ZBC;CK = iCD
3 3 5

a) Xac dinh giao diém cua dudng thang AD véi (1K)

b) Xac dinh thiét dién ctia hinh tr dién ABCD véi (1K)
Bai 20. Cho hinh chép S.ABCD, day ABCD c¢¢ tam 1a O. Goi M 1a trung diém cua SC.

a) Xac dinh giao tuyén cia (ABM) va (SCD)

b) Goi N la trung diém ctia BO. Hiy xéc dinh giao diém I ctia (AMN) v6i SD
Bai 21. Cho hinh chép S.ABCD (v6i AB khong song song véi CD)

a) Tim giao tuyén cac cap mat phang (SAB) va (SCD), (SAC) va (SBD)

b) Trén canh SC ldy diém M, trén canh Bc lay diém N. Tim thiét dién ciia hinh chép cit bai mat

phang (AMN)

Bai 22. Cho hinh chop S.ABC. Trén SA, SB,SC lan lugt lay cac diém D,E.F sao cho DE cit AB tai M;
EF cét BC tai N; FD cit CA tai K. Chiing minh rﬁng M,N.,K théng hang.
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PE KIEM TRA HOC KY | NAM HOC 2011-2012
Mén thi: TOAN — LOP 11. Chuan- Nang cao.
(Th0’| gian: 90 phut, khong ké thdi gian phat dé)

A/‘l.’han chgng cho tit ci cac thi sinh: (7 dlem) bE THI THU SO 1
Bai 1: (2 diem)
Giai cac phuong trinh sa u:
a/cos2x+cosx—2=0

b/ﬁcost—sian = \/5
Bai 2: (3 diém)

20
2
1/ Tim s hang khong chura x trong khai trién: (x - ;J

2/Trén gia sach c6 4 quyén sach anh vin, 3 quyen sach van va 2 quyén sach toan ( cac quyén

sach cung mot mon hoc déu khac nhau). Lay ngiu nhién 3 quyén. Tinh x4c suét sao cho:
a/3 quyen 1ay ra thugc 3 moén khac nhau.
b/ 3 quyén liy ra c6 it nhat 1 quyén anh van.

Bai 3: (2 diém)

Cho hinh chop S.ABCD c¢6 day ABCD la hinh thang c6 AB song song voi CD va AB = 3CD.
Goi M, N lan luot 1a trung diém cia AD va BC. Goi P 1a diém nim trén canh SB sao cho SP =
2PB.

a/ Tim giao tuyen ctia hai mat phang (SAD) va (SBC).
b/ Xéc dinh thiét dién ctia hinh chép S.ABCD véi mp (MNP). Thiét dién d6 1a hinh gi ?

B/ Phan danh riéng cho tirng ban: (§ diém)
( Thi sinh phai lam ding phan danh cho chwong trinh minh dang hgc)

Bai 4.CB: (Theo chuong trinh chuan-3 diém).
a) Tim s0 hang dau tién va cong sai cua cap so cong (u,), bit:

2u, —uy =7
u, +2u; =6
V3

cos 3 : .3 :
b) Giéi phuong trinh: sin’ x.cosx - sinx.cos’x = <

¢) Trong mit phang toa do Oxy cho dudng tron ( C): (x - 1)2 + (y + 3)2 =25.

Viét phuong trinh nh ¢ ga (C) qua phép vi tw Vi0; -2
Bai 4.NC: (Theo chuong trinh ning cao -3 diém)
1) Gidi phuong trinh : cos *3x. cos2x- cos’x= 0.
2) Trong mit phing toa dd Oxy, tim anh cua dudng tron ( C ): (x -1)* + (y-2)* =4 qua

phép vi tu Vi3 bict 1(2; -1).
vaed A . 24 C:l‘+4 15
3) Giai bat phuong trinh : (1+2)! (n )1 (neN*)
HET
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PAP AN VA BIEU PIEM

BAI DIEN GIAI PIEM

1 alcos2x+cosx—2=0

< 2cos’x+cosx—3=0 0,25
pat: t = cosx, PK: -1<¢<1

=22 +1-3=0 0.25
t=1

= t——i 0,25
2

t=l=cosx=1<x=k2x,(keZ) 025

b//3 cos 2x —sin2x =+/3
& cos(2x+£j —cos 0.5
6 6

2+ 2 ="y kon
N 6 6 (keZ) 0,25
2x+£=—%+k27z

x=krx

- 0,25
x=-Zikrn
- re 6 2 2
1/ SO hang tong quat cta khai trién la:
K 20k 2 ‘ k k _20-2k 0.5
2 T = Cyx . =Cy (_2) X
S6 hang khéng chira x théa: 20 -2k = 0 < k =10 0.25
S6 hang khong chiva x 1a: T;, = Cl (-2)" =189190144 0,25
2/ al A:” 3 quyén |4y ra thudc 3 mén khac nhau” 0’25
n(Q)=C; =84 0,25
n(4)=CiCiC} =24 0,25
A
= p(A) - M - ﬁ - %
n(Q) 84 7 0,25
b/B:“3 quyén lay ra cé it nhat 1 quyén anh van”
B:“ 3 quyén lay ra khdng co sach anh van”
3 3 0,25
n(B)=C; =10 025
_. n(B
= P(B)= ( )=&=i
n(Q) 84 42 0,25
- 5 37
= P(B)=1-P(B)=1-—=—
(B) (B) Ry 0,25
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al

Goi {E} = AD(\BC
Cm dwoc: S va E 13 hai diém chung clia (SAD ) va (SBC)
= (S4D)N(SBC) = SE

b/
P e (MNP)(\(S4B)
MN || AB
MN < (MNP)
AB = (S4B)

Goi {0} = Px54. Khi dé:
(MNP)\(ABCD) = MN
(MNP)(\(SBC) = NP
(MNP)((SAB) = PO
(MNP)(\(SAD) = OM

=>thiét dién cta hinh ch6ép S.ABCD v&i mp (MNP) la hinh thang

MNPQ

MN=%(AB+CD) :%AB

— (MNP)(\(SAB) = Px; Px || MN || AB

PQz%AB

= MN = PQ
= MNPQ la hinh binh hanh.

0,25

0,25
0,25
0,25

0,25

0,5

0,25
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Bai 4. CB: a)(1d) Dua héda cho vé: {ul -2d =17

u,+3d =2
(0,5d)
@i raduge : 1= (0,5d)
g : d -1 s
b)(1d): Bién doi
Sinxcosx (sian - coszx) = é (0,25d)
& —%sin 2xc0X2x =§ (0,25d)
& sindx = —g (0.25d)
x=-2 4k Z
o 122 (0.25d)
V3 T
Xx=—+k—
32
¢)(1d) Tim dwoc I(1;-3) va R=5 (0,25d)
Tinh dung I’(-2;6) va R’=10 (0,54)
Viét duge (C) : (x+ 2)2 +(y- 6)2 =100 (0,25d)
Bai m.cosbc—m =0< cos6x.cos2x—1=0 0.25
4NC |1y 2 2
(3d) o %(cos8x+cos4x) —1=0 < 2c0s24x +cosdx—3=0 025
cosdx =1
A 3
cos4x = —E(loai) 0.25
k 0.25
T
<:>4x=k27z<:>x:7(keZ)
2) ) Goi M(x;y) €( C),
(C) 6 tam K(1; 2) va b/k R=2 095
K=V K)...... < K’(5;-10 '
(1-»® :-10) 0.25
(C) ¢6 tam K’ va b/k R’=| -3| R=6
Ta co: (C): (x-5)* + (y+10)* =36. 05
24CT, 15 Nt ! _ 15 0.25
<
2! ~ =S Mnln+2)! (n—1)!
<:>n2—8n+12<0<:>2<n<6.Vély,n=3,4,5 0.50.25
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Mén thi: TOAN — LOP 11. Chuan- Nang cao.

‘ (Thoi gian: 90 phat, khdng ké thoi gian phat dé)
A.PHAN CHUNG : (7,0 diém) - —
Cau I: (2,0 diém) || PE THI THU SO 2
v/1-sin5x
) 1+ cos2x ' )

) 2) C6 bao nhiéu so tu nhién 1€ c6 ba chir so khac nhau, trong do6 chit s6 hang tram la chir
s0 chan?

1) Tim tap xac dinh clia ham s6 y =

Cau II: (1,5 diém) Giai phuong trinh: /3sin2x +2cos’x =2.

Caulll: (1,5 diém ) Mot hop dung 5 vién bi xanh, 3 vién bi d6 va 4 vién bi Vang (chung chi
khéc nhau vé mau). Chon ngAu nhién 3 vién bi tir hop d6. Tinh xac suat dé dugc:
1) Ba vién bi lay ra di 3 mau khéc nhau.
2) Ba vién bi ldy ra c6 it nhit mot vién bi mau xanh.

Cau IV: (2,0 diém) Trong mat phang toa d6 Oxy cho vecto v=(; -5) , duong thang
d: 3x + 4y — 4 = 0 va dudng tron (C) ¢6 phuong trinh (x + 1)+ (v - 3)? =25,
1) V1et phuong trinh duong thang d’ 1a anh ctia d qua phép tinh tién theo vecto v,
2) Viét phu:(mg trinh duorng tron (C’) 13 anh cua (C) qua phép vi tu tim O tisé k= -3

B. PHAN RIENG: 3,0 dlem) .
I. Danh cho hoc sinh hoc chwong trinh chuin:

, o ) o {uytuy—ug = 4
Cau V.a: (1,0 diém) Tim cap so cong (u,) ¢ 5 s hang biét: _
u, +us =-10

Cau VLa: (2,0 diém) Cho hinh chép S.ABCD ¢6 day ABCD la hinh binh hanh. Goi M 1a
trung diém ciia canh SA.
1) Xac dinh giao tuyén d cua hai mit phang (MBD) va (SAC). Chirng t6 d song song
v6i mit phang (SCD).
2) Xéac dinh thiét dién cua hinh chop cat boi mit phang (MBC). Thiét dién d6 1 hinh gi ?

I1. Danh cho hoc sinh hoc chwong trinh nang cao:

Cau V.b: (2,0 diém) Cho tr dién ABCD. Goi M, N lan luot 1a trung diém cua (iéc canh AB,
AD; P la diém trén canh BC (P khong trung véi diém B va C) va R 1a diém trén canh CD

ho BP DR
sao cno BC DC°

1) Xéc dinh giao diém cua duong th,a:mg PR va mit phang (ABD).
2) Binh diém P trén canh BC dé thiét dién cua tir dién v6i mét phang (MNP) 1a hinh binh
hanh.
Céu VLb: (1,0 diém) Tim s6 nguyén duong n biét:
3"CY +3"'CL+3"PC 4+ 430 =27 -1,
(trong d6 C 1a s6 t6 hop chap k ctia n phan tir)

20
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DAP AN & THANG PIEM DPE KIEM TRA HOC KY I

Mon: TOAN 11

3 e e 0 0 o 3 3o 3 3 e e e o 3 3 3 3 3 3 o 3 3 o o 0 0 S e 3k

Cau Noéi dung Diém
I (2,0 diém)
Tim TXD ciia ham sé y= NI -sindx . 1,0 diém
1+ cos2x
Ta co:sinSx <1 = 1 —sinS5x >0 VxeR (do d6 v1—sin5x co nghia) 0,25
Ham s xacdinh < 1+cos2x#0 <> cos2x = —1 0,25
V4
<:>2x¢7r+k27r<:>x¢5+k7r,keZ 0.25
‘D= _T
TXD.D—R\{x—2+k7z,keZ}- 0.25
C6 bao nhiéu sé tw nhién Ié cé ba chit sé khdic nhau, trong dé chii s6 X
\ P S 1,0 diem
hang tram la chit so chin ?
MGdi s6 x can tim ¢6 dang: x = abc . Vi x 13 s 1¢ nén: 5
ccoS5cachchon (c e {1:3:5;7:9}) 0,25
a 1a chir s6 chan va khac 0 nén a c6 4 cach chon (a € {2; 4; 6; 8}, a #¢) 0,25
b co 8 cach chon (b #avab #c¢) 0,25
Vay co ca thay: 5.4.8 = 160 so. 0,25
I Gidi phwong trinh: J3sin2x + 2cos’x=2. 1,5 diém
Pt < [3sin2x + (1 +cos2x) =2 0,25
< +/3sin2x+cos2x =1 0,25
N 1 1 ) T .
& —sin2x+—cos2x =— < sin| 2x+— |=sin— 0.50
2 2 2 6 6 ’
2w+ 2 =" vkon x=krx
s 60 o x  kez) 0.50
ax+l=r-Zikar |FT3T
6 6
11 Tinh xdc sudt dé: 1,5 diém
Ba vién bi ldy ra dii 3 mau khdc nhau ? 0,75 diem
Goi A la bién ¢ “Ba vién bi lay ra di 3 mau khac nhau”.
Ta c6 s0 phan tir ctia khong gian mau Q la: C;, = 220 . 0,25
S6 cach chon 3 vién bi c6 da ba mau khac nhau 1a: CICiC) =5.3.4=60. 0,25
VA p(4)= [ _n(4) Y60 _ 3 0.25
o Q) )220 11 ’
Ba vién bi ldy ra cé it nhét mét vién bi mau xanh ? 0,75 diém
Goi B 1a bién c6 dang xét. Liic d6 B 1a bién c6 “ba vién bi lay ra khong c6 0.25
vién bi nao mau xanh”. ’
S6 cach chon 3 vién bi khong c6 vién bi xanh nao la: C; =35 . 0
,25
220 44
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VAY p(B)=1-P(B)=1-—-=>_.
(B) (B) YRRV 0,25

v v=(; =5),d: 3x+4y —4=0,(C): (x +1)*+(y—3)*=25 (2,0 diem)

Viét pt dwong thang d’ la anh ciia d qua phép tinh tién theo vecto V. 1,0 diém

Ly diém M(x; y) thudc d, goi M’(x’; y’) 14 dnh cua M qua 7. Luc d6 M’

thuécdavé: X =1+x PN x=—1+x O,SO

y'==5+y |y=5+)'

ViME;y) ednén: 3(x’ - 1)+4(y’ +5)-4=0=3x"+4y’ +13=0. 0,25

Vay d’ copt: 3x +4y + 13 =0. 0,25

Chu y: Hoc sinh co thé tim pt cua d’ bang cach khdc:

® Vi vecto v khong cung phuong véi VTCP u=(4 -3)cuadnénd’ //d,

7 ): + 4 + — — 2
suy(ra p‘txcua d: 3x +4y C (,) (‘Cﬂi 4? (0,25) (1.0 diém)
e Lay diem M(0; 1) e d, goi M’ la anh cua M qua T.. Taco: M’(1; —4)

e d’. Thay toa do diém M’ vao pt ctia d’, ta duge C = 13. (0,50)
e Vayptd’: 3x + 4y + 13 =0. (0,25)
Viét phwong trinh dwong tron (C') la dnh ciia (C) qua V o, 3 1,0 diem
(C) co tam I(—1; 3), ban kinh R = 5. 0,25
Go1 I'(x; y) la tdm va R'la ban kinh cua (C'). Ta co: R'= kR =3.5=15; 0,25
Ol'=-301 , = I'(3;-9) 0,25
Vay (C') co pt: (x —3)" + (y +9)” =225. 0,25
r oz r . u,tuy-us =4 .
N N n r A oA . * oA
V.a Tim cap so cong (u,) co 6 so hang biét: u, +u, =-10 ) 1,0 diém
Goi d 1a cong sai cua CSC (uy). Ta co:
(u, +d)+(u, +2d)—(u, +4d) = 4 0,25
)<
u, +(u, +4d)=-10
u—-d=4 u,—-d=4 u, =1
- f=4 <~ 0.50
2u,+4d=-10  |u+2d=-5  |d=-3 ’
Vay cap so cong la: 1; —2; —5; -8; —11. 0,25
VLa (2,0 diem)
s
Chil y: Hinh € co
tir 02 161 tré lén thi
khong cho diéin
phin hinh ve. 0,25
D
Xdc dinh giao tuyén d ciia hai mdt phing (MBD) vi (SAC). Chirng té 1.0 diém

d // mp(SCD).

Taco M € mp(MBD); M € SA = M € mp(SAC)
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| Suy ra M la mdt diém chung ctia hai mp trén. 0,25
Trong mp(ABCD), goi O la giao diém ctia AC va BD, ta c6 O ladi ém
A ; A 0,25
chung thir hai ctia hai mp trén.
Vay giao tuyén la duong thang MO. 0,25
Ta ¢6 d chinh la duong thang MO, ma MO // SC nén MO // mp(SCD). 0,25

Xdc dinh thiét dién cuia hinh chdp cat boi mat phang (MBC). Thiét dién
do la hinh gi ?

0,75 diém

Ta c6 M la diém chung cuia hai mp (MBC) va (SAD) 0,25
BC = (MBC); AD < (SAD) va BC // AD nén giao tuyén cua hai mp nay 0,25
la dudng thang di qua M va song song voi AD cat SD tai N.
Vi MN // BC nén thiét dién can tim 1a hinh thang BCNM (hai day 13 MN 5
va BO). 0,25
V.b (2,0 diem)
Xadc dinh giao diém ciia dwong thang PR va mp(ABD). 1,0 di€ém
Chii y: Hinh ve cé
tir 02 10i tr0 1én thi
khong cho diém
phin hinh ve.
0,25
BP DR .
Vi B¢ De nén PR % BD. Trong mp (BCD), goi I = BD  PR. 0,50
Taco:1 e PRval e BD, suy ral e mp(ABD). Vdy PR nmp(BCD) =1. 0,25
Dinh diém P trén canh BC @ thiét dién ciia tir dién véi mdt phing 2
(MNP) la hinh binh hanh. L0 diem
Ta c6 MN < (MNP); BD < (BCD) va MN // BD. Do d6 giao tuyen cua 0.25
mp(MNP) va mp(BCD) la duong thang di qua P song song véi MN cit ’
CD tai Q.
Thi€t dién 1a hinh thang MNQP (MN // PQ). 0,25
Dé thiet dién trén la hinh binh hanh thi PQ = MN = ('/2) BD 0,25
Suy ra PQ 1a duong trung binh cua tam giac BCD, hay P la trung diem
ciia BC. Vay khi P 1a trung diém ctia BC thi thiét dién 1a hinh binh hanh. 0,25
[ Chu y: Néu hoc sinh chi ra trung diém sau @6 ¢/m hinh binh hanh thi chi
choy 2/ 0,75 diém.]
Tim so nguyén dwong n biét: =
VI.b 3n C?l +3n—1CL +3n—2C[21 + ”+3Ctr11—1 — 220 -1 (*) 1,0 dlem
Taco (*) < 3"CY +3"'CL +3"?C2 +---+3C>" +C! =27 0,25
S (B+D)"'=2" 4" =27 2" =27 0,50
<n=10.Vayn=10 la gid tri can tim. 0,25
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PE THI HQC KY I NAM HQC
MON TOAN KHOI 11 = m—
Thoi gian lam bai: 90 phiit, PE THI THU SO 3

(Khéng ké thoi gian phat dé)
XX £ XX

Cau 1: (1.5 diém)
Trong mat phang toa dd Oxy cho diém A(-2; 1) va duong thang d:3x +2y - 6 =0 Tim
toa d0 diém A’ va duong thang d’ 13 anh cua diém A va duong thing d qua phép ddi xtng truc

Ox.

Céu 2: (2 diem)
Giai phuong trinh:
a/. 2sin’x + cosx — 1 =0 b/. sin’x = sinx + cosx

Céu 3: (I diém)
12
Tim h¢ s6 cua sO hang chtra x'2 trong khai trién nhi thirc Niuton cua [X2 + —]
X

Céu 4: (1.5 diém)
Trén gia sach c6 4 quyen sach Toan, 3 quyén sach Vat Ly va 5 quyén sach Hoa Hoc. Lay
ngau nhién 3 quyén séch.

a/. Tinh n(Q).
b/. Tinh x4c sudt sao cho ba quyén sach 14y ra thudc ba mén khac nhau.

Cau 5:(1.5 diém) o ,
Tim s6 hang dau, cong sai va tong 50 s6 hang dau cta cap cap sé cong sau, biét:
U, —u, +Uu; =19
Ug— Uz +Ug =17
Chu 6:(2.5 diém) 7
Cho hinh chép S.ABCD. bay ABCD la hinh thang c6 day 16n AB. Goi M 1a trung diém
CD. (o) 1a mat phéng qua M song song voi SA va BC.
a/. Tim giao tuyen ctia hai mat phang (SAD) va (SBC)
b/. Xéc dinh thiét dién tao boi mp(a) va hinh chop S.ABCD.

HET

Cdn bo coi thi khong giai thich gi thém.

24
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DAP AN - THANG DIEM

Cau Noi dung Piém
1 Tim toa d) A’va d’la dnh cla A(-2;1) va d: 3x + 2y -6 = 0 qua phép d6i | 1,50
xirng truc ox.
e Goi A’(x’;y’) 1a anh ctia A(x; y) qua phép ddi ximg truc ox. Khi do x> = | 0,25
Xxvay’ =-y.
o TacoA’(-2;-1) 0,50
e Goi M’(x’;y") e laanh cia M(x; y) ed qua phép dbi ximg truc ox. Khi do | 0,25
X’=xvay =-y.
e Khidod:3x+2y-6=0<d:3x-2y-6=0 0,50
2 Giai phwong trinh lugng giac 2,00
2sin’x + cosx —1=0 (1,00 di¢m)
Phuong trinh da cho twong duong voi 0,50
2(1—cos’x) + cosx —1 =0
< -2cosx +cosx+1=0
e Cosx=1 < x=k2n(kez) 0,50
o Cosx=-12< x=2n/3+k2n(k € 2)
x=-2n/3+k2n (k € 2)
Nghiém cua p.trinh la x = k27, x = 27/3 + k2, x = -2n/3 + k27 (kez)
sin’x = sinx + cosx (1,00 diém)
Phuong trinh da cho twong duong voi 0,50
Sinx(1- sin’x) + cosx = 0
<>cosx(sinxcosx + 1) =0
o Cosx=0<=x=72+km (ke z) 0,25
e Sinxcosx + 1 =0 < sin2x + 2 = 0 v6 nghiém (-1<sin2x <1) 0,25
12
3 Tim hé s ciia s6 hang chira x'* trong khai trién Niuton ciia (xz +£j 1,00
X
2, 2 vl k o2tk [ 2 ‘ 0,25
(3] -zaer(})
° _ i ok C]k2x24—3k 0,25
k=1
e Theodébaitaco:24-3k=12< k=4 0,25
e Vayhésd chirax'?1a 2%.C,,* = 7920 0,25
4 Trén gia sach co 4 quyfen sach Toan, 3 quyén sach Li va 5 quyén sach Hoa. 1,50
Lay ngau nhién 3 quyén.
Tinh n(2)(0,50 diém)
e LAy ngau nhién 3 quyén tir 12 quyén 14 t6 hop chap 3 cua 12 0,25
e Vayn(Q)=C*, =220 0,25
Goi bién c6 A = “ ba quyén lay ra thudc ba mon khac nhau”
e LAy ngiu nhién 1 quyén toan tir 4 quyén la C', = 4 1,00
e LAy ngiu nhién quyén Iy 3 quyénla C'; =3 0,50
25
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o LAy ngiu nhién 1 quyén héa tir 5 quyén héala C's=5
e n(A)=4%3*5=60 0,25
A n(4) 60 3
Vay PA) = — L =—=—
C VP ) T 0 T 0,25
5 Tim s6 hang dau, cong sai va tong 50 s6 hang diu cia cAp cap so cong sau | 1,50
K u, —u, +u, =19
biet:
uy —us+u, =17
2d =19 0,50
e H¢ phuong trinh twong duong “hr
u, +3d =17
o u;=23;d=-2 0.50
o Ss50=50%23+50.(50 - 1 )(-2)/2 =-1300 0.50
6 Cho hinh chop S.ABCD. Day ABCD Ia hinh thang c6 day lon AB. Goi M 1a | 2,50
trung diém CD. (o) 12 mat phz:mg qua M song song véi SA va BC
a Tim giao tuyen ciia hai mit phang (SAD) va (SBC) 1,00
S , HO0,25
S € (SAD) va Se(SBC) vay S 1a diém
chung 0,25
Ie AD c (SAD)
1 e BC = (SBC) 0,5
I 1a di€ém chung thtr 2
Vay SI 1a giao tuyén
D. .(T
b | X4c dinh thiét di¢n tao béi (o) va hinh chép. Thiét dién 1a hinh gi? 1,50
S
(o) qua M va (o) // BC nén (o) N (ABCD) theo 0,50
giao tuyén qua M // BC cat AB tai N. MN // BC
(o) qua N va (o) // SA nén (o) N (SAB) theo 0,50
giao tuyeén qua N // SA cat SB tai PN. NP // SA
(o) qua P va (a) // BC nén (o) N (SBC) theo 0,50
giao tuyén qua P / BC cat SC tai Q. PQ // BC
vay thiét di¢n 1a MNPQ

Né'q thi sinh lam bai khéng theo cdch néu trong ddp dn ma van ding thi dugc dii diem tirng
phén nhw dap an quy dinh.
—-Hét-—-

26
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KIEM TRA HQC KI I NAM 2011-2012

Moén:Toan 11(Chuan)
Thoi gian: 90 phut (Khéong ké thoi gian phdt dé e )

Cau 1: (1,5 diém) || DE THI THU SO 4
a/. Tim tap xac dinh cia ham $0. y = 1+sinx
COSX
X L 1s [T R T £ 2+43sin’x
b/. Tim gia tri 16n nhat va gia tri nho nhat ctia ham so: y= —

Cau 2: (2 diém)
Giai phuong trinh:
a/. 6sin® X — 5cosx — 2 = 0.
b/. sin’ x— \/§COS3X =sinx.cos’x —+/3 sin” x.cos x

Ciau 3: (1 diém)
6
Tim s6 hang khong chira x trong khai trién (2x+izj
X

Cau 4:(1,5 diém)
Gieo ba dong tién can dbi va dong chat 3 lan.
1/. X4c dinh Q, n(Q).
2/. Tinh x4c sut sao cho mit sip xuat hién it nhét 1 lan.
Cau 5.(1diém)

us+u, =16

Cho cép s0 cong (u,) co { .Tim s0 hang déu va cong sai va u _ cia cap so

s tu, =1
cong do?
Cau 6: (1,5diém)
Trong mit phang Oxy cho diém M(-3;5), duong thang d c6 phuong
trinh 2x - 3y +4 = 0.Tim dnh cua M va d:
a/. Qua phép tinh tién theo vec to U3;-2).
b/. Qua phép doi xung truc Ox.
Cau 7: (1,5 diém)
Cho hinh chop tir gidc S.,ABCD c6 day 1a hinh binh hanh .Goi1 O 1a giao diém cua hai
duong chéo. Goi M 1a trung dlem canh SA.
a/. Xac dinh giao tuyen cua hai cap mat phang (SAC) va (SBD), (SAB) va (SCD).
b/. Tim giao di€ém ctia SO v&i mat phang (CDM).

27
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DPAP AN VA THANG PIEM
Cau Dép an Pi¢m
1.
. D:R\{%+k7z,keZ} 0,5
b/. ViO< sinx <1 nén 2< 2+ 3sin’x <5 do d6
c 2
l£2+3sm xgé. 0,5
2 4 4
Viy gi4 tri 16n nhét caa ham sb 1 % , dat duoc khi sinx = + 1
T
& X=i5+k27z,k el. 0,25
Gi4 tri nho nhét ctia ham sé 1 % . dat duoc khi sinx =0
< x=kr, kel 0,25
2/.
al. Bién doi: sin”x = 1 — cos’x, thay vao pt ta dugc: 0,25
6(1 — cos’x)-5c0sx-2=0
Phuong trinh trd thanh :6c0s“x+5cosx-4=0 *) 0,25
bat t=cosx, -1<¢<1
Pt (*) tro thanh: 67 +51-4=0 0,25
ot :lvé t =_—16(loai)
2 12
Voit= l,tl'IC coslezcosZ 0,25
2 2 3
x=Z+kon
& 3 keZ
x=—2+ikon
3
b/. sin® x —~/3cos’x = sinx.cos’x —~/3 sin® x.cos x (¥)
(*) < sinx(sin*x-cos”x)=+/3 cosx(cos’x-sin’x) 0,5
&> sinx.(-c0s2x)=~/3 cosx.cos2x
< c082x( V3 cosx+sinx)=0
cos2x =0
= 0,25
V3 cosx+sinx =0
+cost=0<:>x=%+k%,keZ 0,25
+ sin(x+%)=0<:> x=—%+k7r,k eZ
3/. C;6* =19440 1
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4/.
a) Q={SSS,SNN,SNS,SSN,NNN,NSS,NSN,NNS} 0,75
n (Q) =8
b) Ky hiéu A 14 bién cb: “Mit sip xuat hién it nhit mot 1an” 0,75
n(A)=17
A
P(4)= n(d) 7
n(Q) 8
5/.
(U +4d+U, +7d =16 0,25
Taco:
U +2d+U,+6d =10
2U1+11d=16 0.25
2U, +8d =10
Giai hé phuong trinh ta dugc : U ; =-3vad=2 0,25
u, =29 0,25
6/.
al. * T.(M)=M'(03) 0,25
* Goi T.(d) = d".Khi d6 d’//d nén phuong trinh ctia no6 ¢6 dang 2x - 0,5
3y +C = 0.LAy A(0; % yedkhi d6 T.(4) = A‘(3;—%) cd’ nén
2.3+3.2+C=0=C= -2
2 2
b/.
* D, (M)=M’(-3;-5) 0,25
* Goi M’(x’;y’) 1a 4nh cua M(x;y) qua phép doi xung truc Ox. Khi d6 0,5
{x,z Y TacoMed o 2x-3y+4=0 < 2x°+3y"+4=0 = M’ ed’ ¢6
y==-y
phuong trinh: 2x+3y+4=0
7/.
al. * V€ hinh 0,25
* Goi O=AC nBD 0,25
Ta ¢6 : (SAC) M (SBD)=SO
* (SAB) N (SCD)=S q , 0,5
va lan luot chira hai duong thang song song 1a AD,BC nén giao tuyén
cua chiing ladt d di qua S va / AD,BC
b/. * [=MC N SO 0,5
MC c (CDM)
I=SO N (CDM)
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PE KIEM TRA HOC KY I NAM 2011-2012
Mén TOAN. Lép 11 Néng cao ‘
Thoi gian: 90 phit ( Khong ké thoi gian phat de)

Cau 1 (1.5d): Giai phuong trinh: || PE THI THU SO 5

B

sin’ x

Céu 2(2.0d): Ba xa thu doc 1ap cung bén vao bia. Xéc suét ban tring muc tiéu cua mdi xa thy 1a 0,6.

1. Tinh xé4c sudt dé trong 3 xa thi ban c6 diing mot xa thi ban tring muc tiéu.

2. Mu6n muc tiéu bi pha hity hoan toan phai c6 it nhét hai xa thi ban tring muc tiéu. Tinh x4c suét
dé muc tiéu bi pha hiy hoan toan.
Céu3 ( 1.5d). Mot nhom c6 7 ngudi, trong d6 gdm 4 nam va 3 nit. Chon ngu nhién 3 ngudi. Goi X 1a
s nit trong ba ngudi duge chon.

1. Lap bang phan b xac sudt cua X.

2. Tinh x4c sut dé c6 nhiéu nhat mot nir dugc chon. . )
Ciu 4(1.5d): Trong mit phang cho dudng thang d co dinh va diém O c0 dinh khong nam trén d . f1a
phép bién hinh bién mbi diém M trén mat phang thanh M’ duoc x4c dinh nhu sau:
Lay M, ddi ximg M qua O, M dbi xtmg v6i M , quad.

1. Tim anh cua dudng thang d qua phép bién hinh f.

2. Goi I 1a trung diém MM’. Chiing minh I thugc mot duong thang ¢ dinh khi M thay d6i tr én d
Ciu 5(2.5d): Cho hinh chép SABCD c6 ddy ABCD la hinh binh hanh. Goi M, N 1an lugt 1a trung diém
ciia SA,SB.Mot mit phing (a) di dong qua MN cit canh SC va SD lan luot tai P va Q ( P khéc véi S
va C).

1. Xac dinh giao tuyén cua hai mat phang (SAD) va (SBC).

2. Thiét dién ctia hinh chop cit boi mat phang (a ) la hinh gi?

3. Goi I 1a giao diém cua hai duong thing MQ va NP. Tim qui tich cta I khi mit phang (o) di
dong?

:3cotx+\/§

Cau6.(1.0d). Tinh h¢ s6 cua s hang chua x% trong khai trién cua (xz—z)” biét ring
X

1 1 1 1 99
—t—tt—t.t—=

VR AT 41000
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ON TAP TOAN 11.

DAP AN
Ciu Tém tit bai giai Thang
diém
bk: sinxz0< xzkmkeZ 0.25
<+/3cot’ x—3cotx=0 0.5
cotx=0 0.25
Ciul cotx = \/E
au
2
cotx=0<:>x=%+k7r 0.25
0.25
cotx=3 < x=%+k7r (keZ)
Goi A; 1a bi€n c0 “xa thu thir i ban tring muc tiéu” 0.5
P(Ai) = 0.6, Ai doc 1ap,i=1,3
1. Goi A 1a bién c0 “Trong ba xa thi ban c6 dung mot xa thu ban tring muc tiéu” thi 0.5
A=A A A, OA A A, OAAA va A A A;A A A; A A A, d6i mot xung khic.
(P(A) = P(A4 Ay A) + P(Ay A A) + P(A, 4, 4,)
0.25
P(A)=3x 0.6 x 0.4 x 0.4 = 0.288 0.25
Cau2
2. Goi B 1a bién ¢0 “Muc ti€u bi pha huy hoan toan” va C la bién ¢6 " Khong xa tht nao ban | (.25
trng muc tiéu" thi C= 4 A4, 4, va P(C)=0.4x 0.4 x 0.4 = 0.064
Tacod: B=AUC va A; C 1a hai bién ¢d xung khéc nén : 0.25
P(B) = P(A)+ P(C)=0.288+0.064 = 0.352 0.25
P(B)=1- P(B)=0.648 0.25
1. Sb trudng hop co thé 1a C: =35. 0.25
3 2 1
Twdo Px=0) = Se— A py--G& 18 0.25
35 35 35 35
1,2
P(X=2)=%:£;P(X:3)=&:L 0.25
35 35 35 35
Bang phan bd xac suat cia X nhu sau:
Cau3 X |0 1 2 3 0.25
Pla L
35 35 | 35 35
s 1 A 1K s £ .. £, 2R 1A £ ~ .4 18 |0.5
2. Dua vao bang phan bd xac suat , ta ¢6 xac suat dé nhiéu nhat 1 nir dugc chon la s +—
:2
35
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Hinh vé diung i 0.25
1. Ly A, B bat ki trén d, x4c dinh anh A', B' ciia A, B qua f. Pudng thang A'B' 1a anh cua d
qua f 0.5
Caug | 2 Ching minh dugc OI/M /M’ va OI vudng goc véi d 0.25
Goi K 1a giao diém ctia d va OI thi K 1a trung diém OI n én OF = 20K 0.25
Suyralla anh cta K qua phép vi tu tam O ti s0 2, ma K thudc d nén I thuc duong thang 0.25
c0 dinh 14 anh ctia d qua phép vi tu trén.
Hinh vé dung 0.5
1. a) S 1a mdt di€ém chung cua hai mp 0.25
AD c (SAD); BC c (SBC) , . . 2
Ta cé: . Suy ra, giao tuyén 1a duong thang d qua S, son
{ AD//BS yra, g y g gadq g .
song v6i AD( hodc BC) )
2. Ta c6: thi€t dién 1a t&r gidc MNPQ. 0.25
Ta co:
(@) (SCD) = PQ
Caus MN//CD — MN//PQ//CD 0.25
MN c (a);CD c (SCD)
Véay MNPQ la hinh thang. q )
bac biét: Neu P; Q lan luot 1a trung diem cua SC, SD thi thiét dién 1a hinh binh hanh. 0.25
3. Chung t6 I thudc d ( cau a) 0.25
Lap luan dé dén KL: quy tich 1a duong thang d, bo di doan SJ véi J 1a giao diém cua MD 0.5
va CN.
0.25
Tacod: A =k(k-1) = Lzz L—l(k >2)
A k-1 &k
Suyra:%+%+...+%+...+%=”_1:%:,»;1:100 0.25
Ciu6 s e ¢ o )
(2 =2y ="y Ck (—1)F X' (0.25) 0.25
X =l
S6 hang chira x?° tmg voi k=40 c6 hé sb bang c 0.25
32
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PE KIEM TRA HQC KY I-NAM HOC 2011-2012
MON: TOAN KHOI 11
Thoi gian lam bai: 90 phut (Khong ké thoi gian phat )

I/. PHAN CHUNG: (7diém) (Danh cho tat ca cdc hoc sinh)
Cau 1: (2diém)
Gidi cac phuong trinh sau:

1/. sin2x—1)+ cos% - 0.

PE THI THU SO 6

2/. sin3x++/3cos3x =~/2 .
Cau 2: (2diém)

1/. Tim neNsaocho: 4, +C> =P,

2/. Mot binh chtra 11 vién bi trong d6 c6 S vién bi mau xanh , 6
vién bi mau do .Lay ngiu nhién 3 vién bi tir binh . Tinh xac suat dé duoc it nhat
mot vién bi mau xanh.

Céu 3: (3diém)
Cho hinh chép tir giac S.ABCD.Trong tam giac SCD lay mot diém M.
1/.Tim giao tuyen cua hai mat phang (SBM) va (SAC).

2/.Tim giao diém cua duong thang BM v&i mit phing (SAC).

3/.Tim thiét dién cta hinh chop voi mit phang (ABM).

1I/. PHAN RIENG: (3diém)
Céu 4a: (3diém) (Danh cho hgc sinh hgc sach nang cao)

1/.Tim gié tri 16n nhat va gia tri nho nhét ciia ham s6 : y = V2 sindx+5

2/.Tim s6 hang khong chtra x trong khai trién : (x* +%)7

3/Trong mat phang oxycho  diémA(0;l)va  dudng  tron
(C):(x-3)*+y* =9.Puong tron (C')1a anh cua (C)qua phép vi tu tim A ti s6 k=2.Hay
tim toa do tdm , ban kinh ctia dudng tron (C')va viét phuong trinh duong tron (C').
Céu 4b: (3diém) (Danh cho hoc sinh hoc sich chuén)

1/.Giai phuong trinh: 1+sin2x+sinx +cosx =0

2/ Mot t6 ¢6 12 ngudi gdm 9 nam va 3 nit.Can 1ap mot doan dai biéu gdm
6 ngudi,trong d6 c6 4 nam va 2 nit .Hoi ¢6 bao nhiéu cach lap doan dai biéu nhu thé?

3/ Trong mit phang Oxy cho dudong thing d c¢6 phuong
trinh: x + y —6 = 0. Hiy viét phuong trinh duong thiang d' 1 anh ciia duong thing d qua
phép ddi xtng truc tung.

33
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PAP AN VA THANG DIEM
Cau Noi dung Piém
in(2x -1 % _ 0 sin2x -1 */5—0
sin(2x — )+cosz— < sin(2x — )+7— 0.25
& sin(2x ~1) =sin(~ )
SIn(Zx = S1n! 1 025
1.1
T 7z 1
2x—l=——+k2r x=—§+5+k7r 0.50
& 5 & 5 1 kel
1= kx| x=Z1_tix
4 8 2
sin3x+\/§cos3x =\/§ = %sin3x+§cos3x :% 0.25
T v
& cos(3x-g) = cosz 025
1.2
T T T 2z
3x——=——+k2x X=——+k— 0.50
- 6 4 - 536 23 heZ :
3x—£=£+k2ﬂ' x=—7[+k—ﬂ
6 4 36 3
n!
e 0.25
) n! _n(n=1) _ '_
21 | Sy 2 BT 0.25
- =—4¢N
Ai+C,f:F§<:>n+n(n D _6entin-12=0c]|" # 0.50
2 n=3eN .
S6 cach lay 3 vién bi trong 11 vién bi 14 : C} 0.25
55 Goi A 1a bién ¢b c6 it nhat mot vién bi xanh thi 4 13 bién ¢
' khéng c6 vién bi xanh nao 0.25
P(Z)—C—S:P(A)—I—C—2—08787
C131 C131 ’ 0.50
Hinh 0.50
ve
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Tim dugc diém chung S 0.25
3.1 | Tim duoc diém chung O la giao diém ctia AC va BN 0.25
— (SBM ) (SAC) = SO

BM < (SBM) 0.25
(SBM) (SAC) = SO 0.25
3.2 | Trong (SBM): BM cit SO tai I 0.25
Giao diém : BM v6i (SAC) 1a | 0.25
3.3 Dung dugc céc doan giao tuyén: AE,EF,BF,AB 0.75
Thiét dién cua hinh chép véi (ABM) la: AEFB 0.25
—1<sin4x<1,3<2sin4x+5<7 0.25
\/gﬁy:\/2sin4x+53\/7 0.25
4a.1 | GTLN la /7 dat duoc khi chi khi :sindx=1< x:%+k%,k e’ 025
GTNN la+/3 dat duoc khi chi khi:sin4x = —1< x = —%+ k%,k €Z | 495

(x3 +L)7 — ick (x3)77k (L)k
X il “x? 0.25

7
_ k 217k

» 2.Crx 0.25
a Heé sb clia s6 hang khong chita x g v6i :21-7k =0 < k =3 0.25
S6 hang khong chira x 1a: C: =35 0.25
(C) c6 tam 1(3;0),ban kinh R=3 0.25
43 |2 =1' < A =241,R' =2R=6 0.25
0.25

Al = (x,:, — 1), Al = (3;-1)

Goi I'(x;y,)lacdo:— X, =6 X, =
Al =241 & o
Yo —1=-2

Yo
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0.25
0.25
1+sin2x+sinx +cosx =0 < (sinx + cos x)(1 +sinx + cos x) =0 0.25
4b.1 0.25
sinx+cosx+1=0< cos(x—z) = —Q: cos3—ﬂ<:> x-Z= i3—”+k27z 0.25
4 2 4 4 :
x=rw+k2r
& kel
x=-2 ko ©
2
Chon 4 nam tir 9 nam.Cé: C; cach chon 0.25
452 ["Chon 2 nit tir 3 ni.Co : C: cach chon 0.25
Theo quy tic nhan,cé tat ca: C;.C? =378 0.50
d cat truc oy tai A4(0;6) 0.25
d cat truc ox tai B(6;0) 0.25
b3 B’ d6i xing véi B qua oy= B'(-6;0) 0.25
' d’ qua A (0;6) va B'(=6;0) c6 phuong trinh
X
_—+%=1<:>x—y+6=0 0.25

Chii y: Bai 1am cta hoc sinh néu 1am cach khiac ma dung thi tuy theo d6 dé gido vién

cham cho diém thich hop.
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KIEM TRA HQC KY 1
Mén: TOAN LOP 11 CO BAN ‘
Thot gian: 90 Phat (khéng ké thoi gian giao dé)

Bai 1(2 diém). Giai cac pliuo’ng trinh sau: PE THI THU SO 7
a) Cos(2 + 100) = —
) 2

b) V/3sinz - cosz = /3
c) 3tan’z +5tanz-8 =0
Bai 2(2 diém). Trong mot hop dung 5 vién bi xanh va 4 vién bi do. Lay ngiu nhién dong
thoi 3 vién bi. Tinh xac suat dé trong 3 vién bi lay ra
a) Co 2 vién bi mau xanh
b) Co6 it nhat mot vién bi mau xanh.
n—1
2n +1
b) Cho cp s6 cong (u,) ¢ u, = 28 va cong sai d = 20.

Bai 3(2 diém). a) Xét tinh ting giam ctia day sd (u, ), biét u, =

Tinh w,,, va ).
Bai 4(3,5 diém). Cho hinh chép S.ABCD ¢6 didy ABCD la hinh binh hanh. Goi M, N, P
1an luot 13 trung diém cua cac canh AB, AD va SB.
a) Chung minh rang; BD//(MNP).
b) Tim giao dlem clia mit phang (MNP) voi BC.
¢) Tim giao tuyen ctia hai mit phang (MNP) va (SBD).
d) Tim thiét dién cua hinh chép v6i mit phang (MNP).
12
Bai 5(0,5 diém). Tim s6 hang khong chira z trong khai trién (2x - L}) .

X
——————— --- 5 S o) S —
* Luu y: + Hoc sinh khong duoc sw dung tai liéu khi lam bai .
+ Can bo coi thi khong gidi thich gi thém.

37
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DAP AN THANG DIEM
Bai | Y Noi dung Piém
1 2.0
a)
x 0 0 0
—+10" = k.
. ) 1 5 +10 60" + £.360 0.25
cos|—+10" | = - & .
2 2 5 H10° = 60" + 1.360°
z =100" 4 £.720°
& o . (keZ) 0,25
x =—140" + £.720
Vay nghiém cua pt la:
=100 + £k.720% 2 = —140° + £.720°,k € Z 0,25
b
: V3sinz - cosz = /3 < 2sin w—%):x/g 0,25
x = g + k.27
& o (keZ) 0.25
r=—+k27
6
A A . . s T
Vaynghiémcuaptla: x = —+ k2mz = —+k2m,k € Z
2 6 0,25
c) tanz =1
3tan’z +5tanz -8 =0 & -8 025
tanz = —
=" tkr
4
< -8
r = arctan [?] + km,k € Z
Vay nghiém cua ptla: z = Ty kmyx = arctan[_—S} + kmk € Z
4 3 0,25
2 2.0
a) | Vi lay ngau nhién 3 vién bi trong tai c6 9 vién bi nén sd ptir ciia khong gian
mau la: n(Q) = C; = 84 0,25
Ki hiéu: A: “3vién 14y ra c6 hai vién bi mau xanh”
Tacé:n(A):C;Cizll() 0.5
. C A 4 1
Vay x4c suat cua bién ¢o A 1a: P (A) = n( ) = —0 = —0 0,25
n(2) 84 21
b) | Ki hi€u: B: “3vién lay ra c6 it nhat 1 vién bi mau xanh”

Ta c6: B: “Ca 3 vién bi lay ra déu mau do”
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_ _ A 0,5
n(B)sziP(B):M:i
n(Q) 21
Vay xéc suit cia bién cd Bla: P(B) =1— P(P) =1- L = 20 0.5
) 7 21 21
*HS lam cdch khdc dung cho diém toida (1 diém)
3 2.0
a) ) (n+1)—1 n-1
Taco:u, , —u, = - 0,25
2(n+1)+1 2n+1 ’
3
= >0
(2n +3)(2n +1) 0,5
Vay ddy s6 (u, ) 1a ddy tang. 0,25
b) | Uy, = u, +99d = 2008 0,5
S0 = 501, + 1,5) = 101800 0.5
4 1,5
a) | Hinh v€ S 0,5
Do BD//MN(t/c dudng trung binh)
Ma: MN C (MNP)
Nén BD//(MNP) 0,75
b) | Goi [ = MN N BC
I e BC 075
Ta co: >
aco IGMNife(MNP)ﬂBC
¢) | Vi P € (MNP)N(SBD) va MN//BD nén (MNP) N (SBD) la duong 0,5
thang d qua P va song song voi BD.
d) | Goi R = SD N d.N6iIP cit SC tai Q, ndi RQ.
Tacé: (MNP)N (ABCD) = MN
(MNP)N(SAB)= MP
(MNP)N(SBC) = PQ
(MNP)N(SCD) = @R
(MNP)N(SDA) = RN
Vay thiét dién cua hinh chép S.ABCD vé&i mp(MNP) 14 ngii giac MPQRN .
5 0.5
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k
T = Chieo) [ 2] = 1) 2 et

S6 hang khong chirax c6: 12 -4k =0 < k=3
Vay so hang khong chira x trong khai trién trén la:

(—1)°.2°.C}, = 112640

0,25

0,25
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ON TAP TOAN 11.

PE KIEM TRA HQC KY 1-NAM HOQC 2011-2012

Mén thi: Toan- Lop 11
Thoi gian lam bai: 90 phut

|| PE THI THU SO 8

I. PHAN CHUNG CHO TAT CA THIi SINH ( 7 diém)
Cau L(2d) Gial cac phuong trinh

a. 2s8Iln2x = —\/g,

b, dsirf x+3y3six—2cod x=4

Cau 11.(2d)
a. Cho tap E={0,1,2,....9}. Hoi c6 thé 1ap duoc bao nhiéu sb tu nhién co

bén chir s6 khac nhau dugc lay tir E.

b. Tim s6 hang khong chua x trong khai trién : (2x+%} :
X

Cau II1.(3d) Cho hinh chop S.ABCD v61 ABCD c¢6 AD va BC khong song
song.Go1 I 1a trung diém SD

a. Tim giao tuyen cac mit phang (SBC) va (SAD).

b. GOi M =(IBC)nS4 ,0=AC~BD . Chung minh 3 dudng thang BI

,CM,SO dong quy
IL. PHAN RIENG ( 3 diém)
A. Theo chuwong trinh co ban.
Cau IV A.(3d)

1. Mot hop dung 20 qua cau trong do c6 15 qua cau xanh va 5 qua cau do,
chon ngiu nhién hai qua cau tir hop. Tinh x4ac suat dé:
a. Chon dugc hai qua mau do.
b. Chon duogc hai qua khac mau
2. Trong hé toa do Oxy cho A(1;2), v(-1;1)va phuong trinh dudng thang
d: x-2y+6=0. Tim anh cua A va d qua phép tinh tién theo 7

B. Theo chwong trinh ning cao
Cau lV B.(3d)

1. Mot hop dyng 3 qua cau xanh va 2 qua cau do, chon ngau nhién hai qua
cau tir hop. Tinh xac suat dé:
a. Lay duogc hai qua ciing mau
b. Lay duoc it nhat mot qua mau xanh

2. Giai phuong trinh :  sinx.sindx = 22 cos o —X)— 43.co8’ X.SInx.cos2x.

Hét

41
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DAP AN VA THANG DIEM
Cau Noi dung biém
I 2
1| Giai phwong trinh 2sin2x = —/3 1
T
2x=——+2krx
0.5
2sin2x = —/3 <> sin 2x = —£<:> sin2x = sin(—z) =
2 V4
2x =1+ 3 +2kr
x=-Zkrn
6
@ 2
x="" \kr
3
Vay phuong trinh c¢6 nghiém x = —% +kz va x= ZT” +km 0.5
2 4sin’ x +3+/3sin2x — 2cos® x = 4 (1) 1
Cl | Pt (1)< 4sin® x + 6+/3 sinx.cos x — 2 cos” x = 4
. 0.5
+ Néu Cosx=0 thi pt(1) < sin’x=1 thoa man = x = §+ kz 1la nghiém
+Néu Cosx = 0 thi ta chia ca hai vé cua pt (1) cho Cos’x, ta duoc:
4tan® x+ 63 tanx—2 = 4(1+tan’ x) < 673 tanx = 6 <> tan x = %
S x= z, kr,keZ
6 0.5
Vay phuong trinh c6 nghiém x = % +kr va = x= % +km
o w+3\/§sin2x—2m:4®\/gsin2x—cos2x=1
P(1) _ o x=Zskrn
2sin2x- D) =1 sin2x- )=~ | O keZ
6 6" 2 V4
x=—+krx
2
Vay phuong trinh ¢6 nghiém x = % thr va = x =2 tkr
11
1 Tim s0 cac so ty nhién ¢6 bon chir s6 khac nhau dc lay tr 0,1,2,...,9 1
Goi s6 cac sb can tim c6 dang abed (a #0) khidé tacod
a c6 9 cach chon s6
b ¢d 9 cach chon so 1
¢ ¢6 8 cach chon s6 P
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d c6 7 cach chon sO ) ) .
Theo quy tac nhan ta c6 sO cac s thoa man bai toan la 9.9.8.7=4536 (s0)

1\o}

9
Tim s6 hang khong chir trong khai trién (2x + %j
X

9 9
Theo cong thirc Niuton ta ¢6 (2x v sz ¥ty
X k=0 X
S6 hang tong quét cua khai trién 13

1=k 200 (Lz)k & T=cka K93k j=q],.9
X

Suy ra sb hang khong chtra x 1a Cg 29_k vo1 9-3k=0 < k=3

Vay s6 hang khong chira x 13 CS.26 =5376

111

|C™ I

Goi E=AD nBC vi AD va BC khong song song = SE= (SAD) n (SBC)
Ta tim giao diem M=SA n (IBC)

Ta c6 SAe(SAD) ma (SAD) (IBC)=IE
=M=SANIE ‘

Chtrng minh SO, BI, CM dong quy

Ta c6 SO, CM e (SAC), goi F=CM ~ SO.
Ta ching minh BI di qua F.

that vay ta c6 CM=(IBC) n(SAC),
BI=(SBD) (IBC) va SO=(SAC) (SBD).

Theo dinh 1y vé giao tuyén cta ba mit phang suy ra SO, BI, CM déng quy

II. PHAN RIENG

IV.A

18 =

(o

S6 két qua c6 thé ¢6 1an(Q)=C2 =190
Goi A 1a bién ¢b:”Chon duoc hai qua mau do” = n(Q,)=C:;=10
Spar L
c 19
Cach 1. Goi B 1a bién c6: “Chon duge hai qua khac mau” = n(Q, )=C/.C!
Cs.Cy 15
AT
Cach2.Suyra B 1a bién cb: “Chon dugc hai qua cung mau ”

=P(B)=
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—  CI+CL 23 23 15
n(Q-)=C:+C,=>PB)=—"—>L="=PB)=1-"—=—
(Q;)=C5 +Cjs (B) 2 33 (B) 33 33
2
. —_— - x'=0
Goi T.(4) = A'(x';y") & A4 =ves (x~Ly'-2) = (-L]) & { = A(0:3)
—_ = x'—x=-1 x =x'+1
VM ed = 3M'(x';y") sao cho MM'=v &< & '
v y=y=1 y=y-l
Thay vao phuong trinh duong thang d ta dugc x* -2y’+9=0
Vay phuong trinh duong thang anh d’ 1a x -2y+9=0
IV.B
1 | Sokétquacdthecola |Q=C:=10
4 | Goi A 1a bién ¢6:”Lay duoc hai qua cing mau > — Q,lQ,l=c;+C;
2 2
Lp(ay GG 2
C: 5
Goi B 1a bién ¢b: “Léy dugc it nhat mot qua mau xanh”
b. | = B 1abién cé: “LAy duoc hai qua mau d6”
= 1 9
= Q- |=C;, => P(B)=—= P(B)=—
Q5] =C3 = P(B) == P(B) =
2 Sinx.sindx=2+/2 cos(% — x) — 4+/3 cos® x.sin x.cos 2x
& sinxsindx = 242 cos(% —-Xx)— V3 cosxsin4x < sin 4x(sin x + V3 cos X) = 242 cos(% -Xx)
& sin4x.cos(£—x) = \/Ecos(z—x) = cos(z—x) 0l x="tix
6 6 6 6 2
T
& x= Y +kr keZ
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PE THI HQC KY I NAM 2011-2012
Mobn: Toan khoi 11,
Thoi gian lam bai:120 phit (khong ké thoi gian phat dé).

I. PHAN CHUNG :(6-diém). BE THI THU SO o

Ciau 1: (2d)

Giai cac phuong trinh lugng gic sau:
a/ sin® x +5sin 2x + 3cos’x = -3
b/ sin 2x.sin 6x = cos x.cos3x

4
X

15
Céu 2(1 d). Tim s6 hang chira x'° trong khai trién (2x — Lj )
Ciu 3(2 d). o q
Mot hop dung 6 bi xanh, 10 bi vang, 9 bi do. Lay ngau nhién ra 6 vién bi. Tinh xac suét deé:
a/ Lay dugc 6 bi cung mau.
b/ Lay dugc s bi vang 16n hon 2 va phdi du 3 loai bi.

n—1
2n+1

Cau 4:( d). Xét tinh ting gidm va tinh bi chin cua day sé (u, ), biét u, =

II. PHAN RIENG (4-diém): ‘
Hoc sinh hoc theo chwong trinh nao chi dwgc lam phén riéng danh cho chwong trinh do.

A. PHAN DANH CHO CHUONG TRINH CO BAN :

u,+u;—u; =4

Cau 5(1-@). Tim cap so cong (u,) c6 5 so hang bict: {ul +ug=-10

Ciu 6(3-d) Cho hinh chép S.ABCD c6 ddy ABCD Ia hinh binh hanh. Goi M la trung diém cua canh
SA.

a. Xac dinh giao tuyén d cta hai mit phang (MBD) va (SAC). Chiing t6 d song song v&i mit phang
(SCD). , | ,

b. Xac dinh thiét di¢n cua hinh chop cat boi mat phang (MBC). Thiét di¢n do 1a hinh gi ?

B. PHAN DANH CHO CHUONG TRINH NANG CAO :

Céu 5(1-d). Chimg minh rang v6i moi s6 nguyén duong ,ta ludn c6 dang thirc sau:

2 22 2 T 2"
Cau 6(3-d). Cho hinh chop SABCD, c6 day ABCD la hinh binh hanh. Goi G trong tam tam gidc SAB, E
trung diém SC.
a/ Tim giao tuyén ctia mp(SAB) va mp(SCD).
b/ Tim giao tuyén ctia mp(SGD) va mp(SAC).
¢/ Tim giao diém cia SD va mp(ABE).
d/ Xéc dinh thiét dién ctia hinh chop v6i mp(ABE). Thiét dién 14 hinh gi? Vi sao?

HET
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Cﬁ/“ 1 a/ sin® x+5sin2x +3cos’x =-3 (1)
a
(1-a)
” Js ™ n N 9 A 0.25
Nhén thdy & = 5 + km khong la nghiém pt. Nén pt(1)
& tan® x +10tanx+3= -3(1+tan’x) 0.25
& 4dtan’x +10 t anx+6=0
tanx=-1 0.25
= 3
tanx=-—
2
x=—Likn
o 0.25
3 ;(k e’ )
xX= arctan(-5)+k7z
Cau 1b/ b/ sin2x.sin 6x = cos x.cos3x
(1-d)
0.25
o %(cos4x —c0s8x) = %(cos4x +c0s2x)
& c082x = —c0s8x = cos (7r — Sx) 0.25
[2x=7-8x+k2x 0.25
=
| 2x=-7m+8x+k2rx
I w krm
X=—+—
- 10 5 kel 0.25
Tk
X=—=+4—
6 3
Céu 2
(1-a) i § 1)°
Cau2: Tim so hang chira x'" trong khai trién (2x - —J .
X
Ta c6 sd hang tongquat 1a: 0.5
. — - 1 k I . 5_ Kl
]_;c+1 — 01]\5 (21‘)15 g [?] = (— 1)k .215 k.Clks.xlo ok
0.25
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+Dé c6 s6 hang chira x''thi: 15 -5k =10 < k=1 0.25
. . 1
+Vay s6 hang chtra x'° trong khai trién trén la: (—1) .214.0115$10 = —
Cau3 Céiu 32 d).
(2d) M@t hjp du’ng 6 bi xanh, 10 bi vang, 9 bi dé. Ly ngdu nhién ra 6 vién bi. Tinh
xdc suat dé:
a/ La,y dugc 6 bi cing mau.
b/ Lay dwoc sé bi vang lon hon 2 va phdi dii 3 logi bi .
a/ Lay du9C 6 bi ctng mau. ’
+Goi A “Bién c0 lay ra 6 bi cung mau”, ta cd xac suat cua A la: 0.25
6 6 6 0.5
P(A): 06 +010+09
CG
b/ Lay dugc s6 bi vang 16n hon 2 va phai du 3 lo ai bi.
+Goi B”Bién cb lay ra 6 vién bi trong d6 sb bi vang 16n hon 2 va di 3 loai bi”. 0.25
C 0130091
- TH: Lay ra 3 bi vang , 2bi xanh, 1 bi do: P(B )=—"19 =[q 0.25
25
. \ c.c:c?
- TH: Layra3bivang, 1 bixanh,2bid0: P(B,) = 12 — kg 0.25
25
. c'cic!
- TH:layra4 bivang, 1 bixanh, 1 bi do: P(B,) = 60160 L = kq 0.25
Vay tong cong co: P(B) = P(B))+ P(B,) + P(B,) 0.25
Céu . . n—1
4(1d) Xét tinh tang giam va tinh bi chdn cua day so (un ), biét u, =
2n +1
L . (n+1)—1 n-1
+Tinh tang giam: Taco: u, ., —u, = -
2(n+1)+1 2n+1 025
3
= >0
(2n+3)2n +1)
Vay day s6 (u,) la ddy ting.
+ Tinh bi chén:
Taco: (u ) >0 0.25
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n—1 1 3 1
YT o1 2 olma1) 2
Va e (20 +1) 025
1 .
=0< (u ) < —
" 2
Vay (u,) bichan.
0.25
PHAN DANH CHO CHUONG TRINH CO BAN :
Céu
=K . , ., |u,tu;-u;, =4
a W) 7 3 101 *
Tim cdp so cong (u,) co 6 so hang biét: u, +u, =-10 %)
Goi d 1a cong sai cia CSC (uy). Ta co:
(u, +d)+(u, +2d)—(u, +4d) =4 0.25
(") <=
u, +(u, +4d)=-10
—d=4
o 0.25
2u, +4d=-10
o {thmd=d 0.25
u, +2d=-5
<u =1d=-3. 0.25
Vay cap s6 cong la: 1; —2; -5; —8; —11.
gﬂ Xdc dinh giao tuyén d cia hai mat phang (MBD) va (SAC). Chirng té
= d // mp(SCD).
0,25
s
D
Taco M € mp(MBD); M € SA = M e mp(SAC) 0,25
Suy ra M 1a mét diém chung cua hai mp trén. 7
Trong mp(ABCD), goi O 1a giao diém ctia AC va BD, ta c¢6 O la diém chung thir
hai cua hai mp trén ]
Vay giao tuyén la duong thang MO 0.5
Ta c6 d chinh la duong thang MO, ma MO // SC nén MO // mp(SCD). 0,25
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Xdc dinh thiét di¢n cua hinh chop cat béi mat phang (MBC). Thiét dién do la
hinh gi ?
1| | Ta co M la diém chung ciia hai mp (MBC) va (SAD) | 0.25
d | BC c (MBC); AD — (SAD) va BC // AD nén giao tuyen cta hai mp 0.25
nay la duong thang di qua M va song song voi AD cét SD tai N.
Vi MN // BC nén thi€t di€n can tim 1a hinh thang BCNM (hai day 1a MN va BC). 0.5
C. PHAN DANH CHO CHUONG TRINH NANG CAO:
Céau
3 (- ‘ , w
d) . Chlrng minh rang v4i moi s0 nguyén duong ,ta luén c6 dang thire sau:
1 2 3 n n+2
Sttt t =4,
2 20 2 2 2
. . 1 2 o
+ Véin=1, ta c6: VI=VP= E . Suy ra dang thirc dung. 0.25
+ Gia sur ding thl'rc dang v& i n=Kk, thrc la:
2 3 k k+2
Ak ——+ + =+ +—=2-
*) 22 2 2¢ 2k
+ Can chimg mlnh PT ding v6i n=k+1:
1 2 3 k  k+1 k+3 0.25
A(k"r‘l) =5+2—2+?+...2—k+wz 2—W
o k+1 k+2 k+1
That vay: A(k+1)=A(k)+ 2k+1 =2- 2k +F 0.25
=2- % = VP
Vay dang thire duge chimg minh. 0.25
Cau
6
a/ Tim giao tuyén ciia mp(SAB) va mp(SCD).
1| +Ta c6 S 1a diém chung thir nhat. 0.25
+Vi AB / [CD,nén (SAB)N(SCD) = St(St / /AB) 0.25
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b/ Tim giao tuyén ciia mp(SGD) va mp(SAC).

+Goi M latrungdiem AB, [ = MDNAC. 0.25
Suy ra: (SGD) N (SA C) =51 0.25
¢/ Tim giao diem cia SD va mp(ABE).

T Chon mp(SBD) chtra dt SO, 0.25
-Trong mp(SAC) goi K = AENSO,(Voéi O=ACNBD) 0.25
+Khi do: (SBD)N(ABD) = BK 0.25
+Goi F = BKNSD.Vay SDN(ABE)=F 0.25

2| d/ Xdc dinh thiét dién cua hinh chép véi mp(ABE). Thiét dién la hinh gi? Vi sao?

+Tim ra dugc Thiét dién 1a tr gidc ABEF. 0.5
+Chtng minh duoc Thiét dién 1a hinh thang vi c6 AB//CD//EF. 0.5
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PE KIEM TRA HQC KY 1. I}IAM 2011-2012
MON TOAN - KHOI 11 ‘
( Thoi gian lam bai 90 phut, khong ké thoi gian giao dé )

skoskeosk sk ko sk

PE THI THU SO 10

Bai 1: (3,75d) Gidi cac phuong trinh sau:

1
1. cosx=—

. sinf—cos£=—\/§
2 2

4sin” x+3sinxcosx—cos’ x =0

cos2x -sinx =0
(1-2sinx)cosx

(1+2sinx)(1-sinx)

Bai2: (24d)

1. (1,25¢)Mot nhém hoc chuyén hoa gdm 4 nam va 2 nit. Gido vién phu trach mudn
chon doi tuyén di thi Olympic gom 4 hoc sinh trong nhém d6.Biét rang cac hoc
sinh déu c¢6 kha ning nhu nhau. Hoéi c6 bao nhiéu cach chon, sao cho

a) (0,5d) khong phan bi¢t nam nix?
b) (0,75d) c6 it nhat mot hoc sinh nit?

noR W R

9
2. (0,75d) Tim sb hang chtra x> trong khai trién nhi thirc: (3x +lj
X

Bai_3: (1,75 d) .
L. (0,75d) Mot 16p hoc c6 23 hoc sinh, trong d6 c6 ba n Huong. Thay giao goi 2 hoc
sinh Ién tra bai. Tinh xac suat dé ban Huong duoc goi.

(Sn 7)

2. (1d) Chitng minh dang thirc : 6+11+16+......+ 5n+1= ;VneN

Bai4: (2,5 d)
Cho hinh chop S.ABCD c6 day ABCD la mét hinh binh hanh .Goi E , F lan luot 1a trung diém
cta SA , SD va G 1a diém thudc doan thang AB sao cho AG = 2GB .
1. (1d) Tim giao tuyén cua hai mat phang (SAC) va (SBD).
2. (0,5d)Chiémg minh rang EF song song v&i miat phang (ABCD).
3. (1d)Tim giao diém H cta CD véi mit phang (EFG). Mit phang (EFG) cét hinh
chop S.ABCD theo mot thiét dién 1a hinh gi ? .

Hét

Giam thij coi thi khong giai thich gi thém

Hovaténthisinh:..........oooviiiiiiiiiii i, Sdbaodanh:............ceveini,
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Bai bép an biém
Bail .X 1 Vs
= — =+ — :
3,75 1(0,5 diém) cosx 2<:>x 3 +k2x;, keZ, 0.25
d |2(0,75 diém)
Chia 2 vé cua phuong trinh cho +/2, ta ¢6 phuong trinh:
Lsinf—icosf——l(:) @sin(i—zj——l 0>
202 22 2 4
Gidi duge nghiém: x = %+ kdrkeZ 0.25
3(0,75 diém) ,
Xét cosx =0, suy ra sin’x = 1, thé vao pt: 4 = 0 ( khong thoa) 0.25
Xét cosx #0, chia 2 vé ciia phuwong trinh cho cos x, ta duoc: '
4tan’*x + 3 tan x -1 = 0.
131 = - =1
Giaidugct= -1,t="Y 1 025
Tim dugc nghiém : x = —%-{- kr; x = arctan (Zj +hkm kel 0.25
4(0,75 diém)
Bién d6i vé phuong trinh: 2sinx + sinx — 1 =0 0,25
Giai phuong trinh dugc sin x = -1, sinx = % 0,25
Két luan dugc nghiém: x = —%+ k2rm;x = %+ k2w x = 5?72+ k2rkeZ 0,25
5(1 diém)
Ditu kién: sinx # —l;sin x#1
. .2 0,25
Bién doi dugc vé phuong
(1-2sinx)cosx =\/§(1+2sinx)(l—sinx)
& cos x —sin2x=~/3 — /3 sin x + 2+/3 sin x — 2+/3 sin’ x
& cosx—+/3sinx =x/§cos2x+sin2x
1 3. 3 1 .
<> —C0S X ———sin x = —cos 2x + —sin2x
. 2 2 2
trinh:
. (7 : T
& sin| ——x |=sin| 2x+—
(2 )-onlze+5)
Z y=mx+lik2n
6 3
S
VA T
——x=r1-2x+—-)+k2r
(26+7) 0.5
cre . n T k2«
Giai va chon nghiém x=—1—+T;keZ 0.25
Bai 2 [ 1a(0,5 diém)
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2d | S6 cach chon 4 hoc sinh trong 6 hoc sinh: C? =15 (cach) 0,5
1b(0,75 diém)
P/an 1: Chon 1 nit va 3 nam: C).C; =8 8,;2
P/an 2: Chon 2 nit va 2 nam: C;.C; =6 0’25
Vay ) c@ch chon la 14 cach ’
2(0,75 diém) 0,25
L A 9-k(1 k
Viét s0 hang thir k + 1 Cé" (3x)" (—j = Cg.39_k.x9_2k
X
SO hang nay chtra x> khi 9 — 2k =5 <k =2 0,25
A A 4] Ne 2975 5 0’25
SO hang céan tim la: C;3"x> =78732x
Bai 3 | 1(0,75 diém)
L75 | n(Q)=C;, =253 0,25
d Goi A la bién ¢ ban Huong duoc goi: n(A)=1. C}, =22 0,25
Xéc suét ciia bién ¢ A : P(4)= n(4) _22 0,25
n(Q) 253
2(1 diém) q
Khin=1. VT = 6, VP= 6. suy ra dang thirc ding khin = 1 0,25
Gia strdang thure dang khi n = k, tirc 1a ta co:
(5k+7)k
6+11+16+.....+5k+1=—-—""— 0.25
Ta can cm dang thic dung khi n = k+ 1, tirc 1a can cm
Sk+12)(k+1
6+11416+..... +5(k+1)+1=% 0,25
Chimg minh ding 0,25
Bai4 | 1(1 diém)
2,5d | Hinh v€ 7 0,25
Néu dugc 2 diém chung 1a S va O 0,5
K&t luan dugce giao tuyén la SO 0,25
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0,25
0,25
0,25
. 0,25
2(0,5 dieém)
Néu duoc EF 1a duong trung binh cta tam gidc SAD. Suy ra: EF //AD 0,25
Lap luan ding: 0,25
EF /] AD
EF & (ABCD) y = EF //(ABCD)
AD c (ABCD)

3(1 diém)

Chon mp phu chra CD 1a (ABCD)

Xéc dinh dugc giao tuyén cua (ABCD) va (EFG) la dudng thang d qua
G va song song v6i AD, EF

Két luan dugc H 1a giao diém cua d va CD

Suy ra dugc thiét dién 1a hinh thang EFHG
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